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Abstract

We show how to use oracles to build simple, privacy-preserving decentralized
finance (DeFi) instruments we call Mixicles.

Mixicles ingest input payments from two or more parties and yield payouts
that are conditioned on oracle reports. They are designed to provide privacy for
both the terms and outcomes of the financial instruments they execute. At the
same time, Mixicles can support rigorous regulatory and auditing requirements.

The most appealing feature of Mixicles is their avoidance of expensive cryp-
tography and complicated contract structures. Mixicles are conceptually sim-
ple, and have low on-chain and off-chain resource consumption. We present an
example implementation to show how they work and demonstrate their benefits.

1 Introduction

The decentralization of financial markets is well underway, as evidenced by the popu-
larity of blockchain-based digital gold/asset ownership (e.g., Bitcoin) and the adoption
of blockchain-based venture capital/crowd sales (ICOs, a.k.a. token sales). Only now,
however, are smart contracts beginning to emerge that go beyond basic on-chain own-
ership through tokenization [59] and tap into other markets. These include the more
sophisticated and much larger groups of contracts found in the capital markets as
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well as the world’s largest market by notional outstanding value, derivatives [7]. The
aggregate value of capital markets alone (very roughly $200Tn) [75] dwarfs that of
markets that lend themselves to basic tokenization, such as venture capital (approx-
imately $250Bn in 2018 [53]) and gold (roughly $9Tn total value at current market
price [3, 88]). There is potentially vast untapped value waiting to migrate on chain.

Migrating these more sophisticated classes of financial instruments on chain, though,
requires solutions to important technical problems. Two categories of capabilities are
firm requirements for these instruments, but absent today from almost all on-chain
environments:

1. Secure and Reliable Oracles: Smart contracts need access to a robust ecosystem
of oracles that provide secure and reliable access to critical external systems like
data feeds. Solving this problem is the essence of Chainlink’s ongoing mission.
Nearly all financial instruments of any complexity need a solution. Something
as simple as exercising a stock option, for example, requires knowledge of the
current market price of the target equity. There is also clear precedent for this
requirement in the over $200Tn financial contracts today tied to LIBOR and
thus reliant on LIBOR data feeds [75].

2. Smart-Contract Confidentiality: Smart contracts näıvely implementing financial
instruments on blockchains (permissionless or permissioned) can leak critical
business intelligence: Monetary amounts, instrument terms, and participating
counterparties. In today’s complex capital and derivatives markets, privacy
is both a given and a legal requirement of most contracts. The reasons for
privacy are varied, but often involve protecting against adversarial trading or
undesirable market events resulting from specific contract terms becoming pub-
lic. Meaningful confidentiality in on-chain financial instruments must extend to
transactions, oracle queries, and oracle reports.1

In this paper, we present our early work on an oracle-based approach to the
problem of confidentiality in on-chain financial (DeFi) instruments. Our solution,
which we call a Mixicle—“mixer” + “oracle,” is a special form of oracle-enabled
private smart contract.2

Mixicles are inspired by mixers or tumblers, and have conceptually helpful struc-
tural similarities that we use to explain our constructions. But they differ in a few key
ways. First, Mixicles are designed for the purpose of preserving privacy for financial
instruments, not the concealment of cryptocurrency movements. Second, they rely
on oracle reports to determine payouts, rather than random shuffling. Finally, they

1One important but subtle issue is worth highlighting: If oracle reports are public, they can
be exploited by parasitic contracts. These are contracts that reuse freshly delivered oracle data.
Parasitic contracts can give rise to complex systemic risks, as we discuss below, so countermeasures
are desirable.

2We change the ‘a’ of “oracle” to an ‘i’ for euphony and visual appeal.
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are amenable to audit and regulation. In what follows, we explain what a Mixicle is,
how it can be used to implement financial instruments, and how it might be designed.

Our Mixicle design goals are simplicity and efficiency, as well as compatibility
with the Chainlink network and its accountability features, i.e., ability to monitor
and enforce correct oracle behavior.

The value of simplicity in particular should not be overlooked. Its benefits in-
clude ease of implementation and ease of inspection, and thus enhanced security. For
this reason, Mixicles exclude heavyweight cryptographic tools such as complex zero-
knowledge (ZK) proofs. While elegant and powerful, generalized ZK proofs entail
considerable implementation complexity, often relying on customized (virtual) cir-
cuitry and state-of-the-art optimizations that few have the expertise to review. The
result is a de facto and sometimes dangerous centralization of trust within a small
nucleus of experts.3

We also avoid the use of trusted execution environments (TEEs) in Mixicles.
TEEs can deliver strong confidentiality and high performance, but introduce trust
assumptions some users prefer to avoid given recently demonstrated vulnerabilities.
We still believe that TEEs should play an important role in blockchain systems, and
briefly discuss them in Appendix C.

Following the common terminology in cryptography, we refer to the parties in a
financial instrument as players. Our focus in this work is on two-player Mixicles.
Financial instruments with two players are the common case, and two-player Mixi-
cles turn out to be especially efficient and simple to construct. The techniques we
introduce, though, can be extended to larger numbers of players. Additionally, our
emphasis here is on Mixicle implementation in Ethereum [21, 89], but similar con-
structions are applicable to other smart contract systems, both permissioned and
permissionless, including Hyperledger Fabric [6], Tezos [37], NEO [1], Libra [54], etc.

Our presentation of Mixicles here is preliminary and informal. We don’t include
rigorous specifications such as ideal functionalities, nor do we give proofs of security.
Our goal is to present a useful and flexible framework that may be explored in greater
depth for specific applications.

3Today, the only meaningful, non-trivial, production use of general-purpose ZK proofs—ZK-
SNARKs in particular—is, to the best of our knowledge, in Zcash [43, 72]. Despite the considerable
expertise and care of the Zcash team, a long-hidden flaw was identified that could in principle
have permitted arbitrary, stealthy minting of coins [39]. The confidentiality properties of ZK mean
that the community cannot ascertain whether or not the bug was exploited. Additionally, usability
limitations have meant that shielded (ZK) transactions offer limited privacy in practice [49].
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Alice
<latexit sha1_base64="pqakILw5MQDAF5dLQB/vYkm4hys=">AAAB83icbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGrLpxWcFeoDOUTJppQ5PMkGTEMhR8CjcuFHHrc7h359uYXhba+kPg4z/ncE7+KOVMG8/7dgpLyyura8V1d2Nza3untLvX0EmmCK2ThCeqFWFNOZO0bpjhtJUqikXEaTMaXI/rzXuqNEvknRmmNBS4J1nMCDbWCgIRJQ/5JWeEjjqlslfxJkKL4M+gfPHpnj8CQK1T+gq6CckElYZwrHXb91IT5lgZRjgduUGmaYrJAPdo26LEguown9w8QkfW6aI4UfZJgybu74kcC62HIrKdApu+nq+Nzf9q7czEZ2HOZJoZKsl0UZxxZBI0DgB1maLE8KEFTBSztyLSxwoTY2NybQj+/JcXoXFS8S3feuXqFUxVhAM4hGPw4RSqcAM1qAOBFJ7gBV6dzHl23pz3aWvBmc3swx85Hz+/WZOj</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="JvAjhb0Ax5XySi7c59tgDf9u1OI=">AAAB83icbZC7SgNBFIZn4y3GW9TSZjAIVmHXRsuojWUEc4HsEmYnZ5Mhc1lmZsWw5DVsLBSx9WXsfBsnyRaa+MPAx3/O4Zz545QzY33/2yutrW9sbpW3Kzu7e/sH1cOjtlGZptCiiivdjYkBziS0LLMcuqkGImIOnXh8O6t3HkEbpuSDnaQQCTKULGGUWGeFoYjVU37NGYVpv1rz6/5ceBWCAmqoULNf/QoHimYCpKWcGNML/NRGOdGWUQ7TSpgZSAkdkyH0HEoiwET5/OYpPnPOACdKuyctnru/J3IijJmI2HUKYkdmuTYz/6v1MptcRTmTaWZB0sWiJOPYKjwLAA+YBmr5xAGhmrlbMR0RTah1MVVcCMHyl1ehfVEPHN/7tcZNEUcZnaBTdI4CdIka6A41UQtRlKJn9IrevMx78d69j0VryStmjtEfeZ8/UCGR1g==</latexit>

Bob
<latexit sha1_base64="4JMO6jtqi44uusiRopLh7S8ah4I=">AAAB8XicbZC7SgNBFIbPeo3rLWppMxgEq7Bro40YYmMZwVwwWcLsZJIMmcsyMyuGJeBD2FgoYuuD2Nv5Nk4uhSb+MPDx/+cw55w44czYIPj2lpZXVtfWcxv+5tb2zm5+b79mVKoJrRLFlW7E2FDOJK1aZjltJJpiEXNajwdX47x+T7VhSt7aYUIjgXuSdRnB1ll3LRGrh6ys4lE7XwiKwURoEcIZFC4//YtHAKi081+tjiKpoNISjo1phkFiowxrywinI7+VGppgMsA92nQosaAmyiYTj9Cxczqoq7R70qKJ+7sjw8KYoYhdpcC2b+azsflf1kxt9zzKmExSSyWZftRNObIKjddHHaYpsXzoABPN3KyI9LHGxLoj+e4I4fzKi1A7LYaOb4JCqQxT5eAQjuAEQjiDElxDBapAQMITvMCrZ7xn7817n5YuebOeA/gj7+MHOUGSxA==</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="ZAfCmVoBV64iytc2kNuqP0zzoYU=">AAAB8XicbZC7TgJBFIbP4g3xhlraTCQmVmTXRkqCjSUmcomwIbPDLEyYy2Zm1kg2vIWNhcbY+jZ2vo0DbKHgn0zy5T/nZM75o4QzY33/2ytsbG5t7xR3S3v7B4dH5eOTtlGpJrRFFFe6G2FDOZO0ZZnltJtoikXEaSea3MzrnUeqDVPy3k4TGgo8kixmBFtnPfRFpJ6yhopmg3LFr/oLoXUIcqhAruag/NUfKpIKKi3h2Jhe4Cc2zLC2jHA6K/VTQxNMJnhEew4lFtSE2WLjGbpwzhDFSrsnLVq4vycyLIyZish1CmzHZrU2N/+r9VIb18KMySS1VJLlR3HKkVVofj4aMk2J5VMHmGjmdkVkjDUm1oVUciEEqyevQ/uqGji+8yv1Rh5HEc7gHC4hgGuowy00oQUEJDzDK7x5xnvx3r2PZWvBy2dO4Y+8zx/J+pD3</latexit>

P0
<latexit sha1_base64="Z1uFpXqacQObQ2/GCZGcif1CGGo=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJd6dzCZDZmfXmdlAWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JEcG1c98vJra1vbG7ltws7u3v7B8XDo4aOU0VZncYiVq0ANRNcsrrhRrBWohhGgWDNYHg79ZsjpjSP5b0ZJ8yPsC95yCkaK/mdCM2Aosiqk67bLZbcsjsDWSXegpQqJ7XvBwCodoufnV5M04hJQwVq3fbcxPgZKsOpYJNCJ9UsQTrEPmtbKjFi2s9moSfk3Co9EsbKPmnITP29kWGk9TgK7OQ0pF72puJ/Xjs14bWfcZmkhkk6PxSmgpiYTBsgPa4YNWJsCVLFbVZCB6iQGttTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAOFR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQJqT6g==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="lv8pH7CtG3am6Gghrv7wOD1vHCg=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwP3EG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDsfOSBQ==</latexit>

P1
<latexit sha1_base64="hl0clcrLjTUDaogXRpDicxhIrxA=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJc5OZpMhs7PrzN1AWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JECoOu++Xk1tY3Nrfy24Wd3b39g+LhUcPEqWa8zmIZ61ZADZdC8ToKlLyVaE6jQPJmMLyd+s0R10bE6h7HCfcj2lciFIyilfxORHHAqMyqk67XLZbcsjsDWSXegpQqJ7XvBwCodoufnV7M0ogrZJIa0/bcBP2MahRM8kmhkxqeUDakfd62VNGIGz+bhZ6Qc6v0SBhr+xSSmfp7I6ORMeMosJPTkGbZm4r/ee0Uw2s/EypJkSs2PxSmkmBMpg2QntCcoRxbQpkWNithA6opQ9tTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAODR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQh6T6w==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="9zztsRDyCX53bOmv8m25/eSmTLM=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwPvEG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDs3eSBg==</latexit>

P0
<latexit sha1_base64="Z1uFpXqacQObQ2/GCZGcif1CGGo=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJd6dzCZDZmfXmdlAWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JEcG1c98vJra1vbG7ltws7u3v7B8XDo4aOU0VZncYiVq0ANRNcsrrhRrBWohhGgWDNYHg79ZsjpjSP5b0ZJ8yPsC95yCkaK/mdCM2Aosiqk67bLZbcsjsDWSXegpQqJ7XvBwCodoufnV5M04hJQwVq3fbcxPgZKsOpYJNCJ9UsQTrEPmtbKjFi2s9moSfk3Co9EsbKPmnITP29kWGk9TgK7OQ0pF72puJ/Xjs14bWfcZmkhkk6PxSmgpiYTBsgPa4YNWJsCVLFbVZCB6iQGttTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAOFR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQJqT6g==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="lv8pH7CtG3am6Gghrv7wOD1vHCg=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwP3EG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDsfOSBQ==</latexit>

P1
<latexit sha1_base64="hl0clcrLjTUDaogXRpDicxhIrxA=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJc5OZpMhs7PrzN1AWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JECoOu++Xk1tY3Nrfy24Wd3b39g+LhUcPEqWa8zmIZ61ZADZdC8ToKlLyVaE6jQPJmMLyd+s0R10bE6h7HCfcj2lciFIyilfxORHHAqMyqk67XLZbcsjsDWSXegpQqJ7XvBwCodoufnV7M0ogrZJIa0/bcBP2MahRM8kmhkxqeUDakfd62VNGIGz+bhZ6Qc6v0SBhr+xSSmfp7I6ORMeMosJPTkGbZm4r/ee0Uw2s/EypJkSs2PxSmkmBMpg2QntCcoRxbQpkWNithA6opQ9tTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAODR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQh6T6w==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="9zztsRDyCX53bOmv8m25/eSmTLM=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwPvEG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDs3eSBg==</latexit>

Figure 1: Alice and Bob use a tumbler to pay $1 each to pseudonymous users P0 and
P1. Private bit s indicates the confidential payer-payee relationship. If s = 0, Alice
designated P0 as payee, and Bob, P1; vice versa for s = 1.

2 Mixicles: Key ideas

2.1 What’s a mixer / tumbler?

Mixing is a longstanding approach to privacy in computing systems dating back to
the 1980s [23]. A mixer or tumbler is a basic privacy-enhancing tool used today in a
number of cryptocurrencies. Prominent examples include numerous mixing services
for Bitcoin, e.g., [60, 64, 78], and mixing via ring signatures as a native feature of
Monero [68].

The goal of a tumbler is to improve transaction-layer privacy in systems where
payments are visible on chain—i.e., nearly every blockchain, public or private.4 Mix-
icles are inspired by mixers/tumblers, but do not aim at tumbler-like concealment of
funds. Instead, the key observations in Mixicles are that tumblers can be triggered by
oracle inputs, rather than randomized, and that they can be made compatible with
auditing and regulation.

A tumbler takes payments from one set of users as input, and makes payments to
another (possibly overlapping) set of users as output. Its key feature is that it makes
private the correspondence between inputs and outputs. In other words, as the outside
observer of a tumbler, you can’t tell who’s paid whom.

Fig. 1, for example, depicts a simple tumbler with two inputs and two outputs.
Alice and Bob use the mixer to pay two pseudonymous users called P0 and P1.

Any observer can see the payments into and out of the tumbler happen on chain.
The confidentiality provided by the tumbler, though, means that an observer can’t
tell whether Alice has designated P0 as a payee—and Bob, P1—or vice versa. Inputs
are pooled, and outputs just draw on the pool. One can think of the tumbler as a
payment switch with a private bit s: s = 0 means Alice pays P0 and s = 1 means she
pays P1—and vice versa for Bob.
P0 and P1 might be users other than Alice and Bob, say Carol and Darlene.

Alternatively, they might be pseudonyms representing Alice and Bob themselves.

4Like any privacy-enhancing technology, mixers can be used for good, namely to protect user
privacy, or ill; see, e.g., [41].
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pay Ps pay Ps

s = switch(x) = 1s = switch(x) = 0

Alice
<latexit sha1_base64="pqakILw5MQDAF5dLQB/vYkm4hys=">AAAB83icbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGrLpxWcFeoDOUTJppQ5PMkGTEMhR8CjcuFHHrc7h359uYXhba+kPg4z/ncE7+KOVMG8/7dgpLyyura8V1d2Nza3untLvX0EmmCK2ThCeqFWFNOZO0bpjhtJUqikXEaTMaXI/rzXuqNEvknRmmNBS4J1nMCDbWCgIRJQ/5JWeEjjqlslfxJkKL4M+gfPHpnj8CQK1T+gq6CckElYZwrHXb91IT5lgZRjgduUGmaYrJAPdo26LEguown9w8QkfW6aI4UfZJgybu74kcC62HIrKdApu+nq+Nzf9q7czEZ2HOZJoZKsl0UZxxZBI0DgB1maLE8KEFTBSztyLSxwoTY2NybQj+/JcXoXFS8S3feuXqFUxVhAM4hGPw4RSqcAM1qAOBFJ7gBV6dzHl23pz3aWvBmc3swx85Hz+/WZOj</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="JvAjhb0Ax5XySi7c59tgDf9u1OI=">AAAB83icbZC7SgNBFIZn4y3GW9TSZjAIVmHXRsuojWUEc4HsEmYnZ5Mhc1lmZsWw5DVsLBSx9WXsfBsnyRaa+MPAx3/O4Zz545QzY33/2yutrW9sbpW3Kzu7e/sH1cOjtlGZptCiiivdjYkBziS0LLMcuqkGImIOnXh8O6t3HkEbpuSDnaQQCTKULGGUWGeFoYjVU37NGYVpv1rz6/5ceBWCAmqoULNf/QoHimYCpKWcGNML/NRGOdGWUQ7TSpgZSAkdkyH0HEoiwET5/OYpPnPOACdKuyctnru/J3IijJmI2HUKYkdmuTYz/6v1MptcRTmTaWZB0sWiJOPYKjwLAA+YBmr5xAGhmrlbMR0RTah1MVVcCMHyl1ehfVEPHN/7tcZNEUcZnaBTdI4CdIka6A41UQtRlKJn9IrevMx78d69j0VryStmjtEfeZ8/UCGR1g==</latexit>

Bob
<latexit sha1_base64="4JMO6jtqi44uusiRopLh7S8ah4I=">AAAB8XicbZC7SgNBFIbPeo3rLWppMxgEq7Bro40YYmMZwVwwWcLsZJIMmcsyMyuGJeBD2FgoYuuD2Nv5Nk4uhSb+MPDx/+cw55w44czYIPj2lpZXVtfWcxv+5tb2zm5+b79mVKoJrRLFlW7E2FDOJK1aZjltJJpiEXNajwdX47x+T7VhSt7aYUIjgXuSdRnB1ll3LRGrh6ys4lE7XwiKwURoEcIZFC4//YtHAKi081+tjiKpoNISjo1phkFiowxrywinI7+VGppgMsA92nQosaAmyiYTj9Cxczqoq7R70qKJ+7sjw8KYoYhdpcC2b+azsflf1kxt9zzKmExSSyWZftRNObIKjddHHaYpsXzoABPN3KyI9LHGxLoj+e4I4fzKi1A7LYaOb4JCqQxT5eAQjuAEQjiDElxDBapAQMITvMCrZ7xn7817n5YuebOeA/gj7+MHOUGSxA==</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="ZAfCmVoBV64iytc2kNuqP0zzoYU=">AAAB8XicbZC7TgJBFIbP4g3xhlraTCQmVmTXRkqCjSUmcomwIbPDLEyYy2Zm1kg2vIWNhcbY+jZ2vo0DbKHgn0zy5T/nZM75o4QzY33/2ytsbG5t7xR3S3v7B4dH5eOTtlGpJrRFFFe6G2FDOZO0ZZnltJtoikXEaSea3MzrnUeqDVPy3k4TGgo8kixmBFtnPfRFpJ6yhopmg3LFr/oLoXUIcqhAruag/NUfKpIKKi3h2Jhe4Cc2zLC2jHA6K/VTQxNMJnhEew4lFtSE2WLjGbpwzhDFSrsnLVq4vycyLIyZish1CmzHZrU2N/+r9VIb18KMySS1VJLlR3HKkVVofj4aMk2J5VMHmGjmdkVkjDUm1oVUciEEqyevQ/uqGji+8yv1Rh5HEc7gHC4hgGuowy00oQUEJDzDK7x5xnvx3r2PZWvBy2dO4Y+8zx/J+pD3</latexit>

Alice
<latexit sha1_base64="pqakILw5MQDAF5dLQB/vYkm4hys=">AAAB83icbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGrLpxWcFeoDOUTJppQ5PMkGTEMhR8CjcuFHHrc7h359uYXhba+kPg4z/ncE7+KOVMG8/7dgpLyyura8V1d2Nza3untLvX0EmmCK2ThCeqFWFNOZO0bpjhtJUqikXEaTMaXI/rzXuqNEvknRmmNBS4J1nMCDbWCgIRJQ/5JWeEjjqlslfxJkKL4M+gfPHpnj8CQK1T+gq6CckElYZwrHXb91IT5lgZRjgduUGmaYrJAPdo26LEguown9w8QkfW6aI4UfZJgybu74kcC62HIrKdApu+nq+Nzf9q7czEZ2HOZJoZKsl0UZxxZBI0DgB1maLE8KEFTBSztyLSxwoTY2NybQj+/JcXoXFS8S3feuXqFUxVhAM4hGPw4RSqcAM1qAOBFJ7gBV6dzHl23pz3aWvBmc3swx85Hz+/WZOj</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="JvAjhb0Ax5XySi7c59tgDf9u1OI=">AAAB83icbZC7SgNBFIZn4y3GW9TSZjAIVmHXRsuojWUEc4HsEmYnZ5Mhc1lmZsWw5DVsLBSx9WXsfBsnyRaa+MPAx3/O4Zz545QzY33/2yutrW9sbpW3Kzu7e/sH1cOjtlGZptCiiivdjYkBziS0LLMcuqkGImIOnXh8O6t3HkEbpuSDnaQQCTKULGGUWGeFoYjVU37NGYVpv1rz6/5ceBWCAmqoULNf/QoHimYCpKWcGNML/NRGOdGWUQ7TSpgZSAkdkyH0HEoiwET5/OYpPnPOACdKuyctnru/J3IijJmI2HUKYkdmuTYz/6v1MptcRTmTaWZB0sWiJOPYKjwLAA+YBmr5xAGhmrlbMR0RTah1MVVcCMHyl1ehfVEPHN/7tcZNEUcZnaBTdI4CdIka6A41UQtRlKJn9IrevMx78d69j0VryStmjtEfeZ8/UCGR1g==</latexit>

Bob
<latexit sha1_base64="4JMO6jtqi44uusiRopLh7S8ah4I=">AAAB8XicbZC7SgNBFIbPeo3rLWppMxgEq7Bro40YYmMZwVwwWcLsZJIMmcsyMyuGJeBD2FgoYuuD2Nv5Nk4uhSb+MPDx/+cw55w44czYIPj2lpZXVtfWcxv+5tb2zm5+b79mVKoJrRLFlW7E2FDOJK1aZjltJJpiEXNajwdX47x+T7VhSt7aYUIjgXuSdRnB1ll3LRGrh6ys4lE7XwiKwURoEcIZFC4//YtHAKi081+tjiKpoNISjo1phkFiowxrywinI7+VGppgMsA92nQosaAmyiYTj9Cxczqoq7R70qKJ+7sjw8KYoYhdpcC2b+azsflf1kxt9zzKmExSSyWZftRNObIKjddHHaYpsXzoABPN3KyI9LHGxLoj+e4I4fzKi1A7LYaOb4JCqQxT5eAQjuAEQjiDElxDBapAQMITvMCrZ7xn7817n5YuebOeA/gj7+MHOUGSxA==</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="ZAfCmVoBV64iytc2kNuqP0zzoYU=">AAAB8XicbZC7TgJBFIbP4g3xhlraTCQmVmTXRkqCjSUmcomwIbPDLEyYy2Zm1kg2vIWNhcbY+jZ2vo0DbKHgn0zy5T/nZM75o4QzY33/2ytsbG5t7xR3S3v7B4dH5eOTtlGpJrRFFFe6G2FDOZO0ZZnltJtoikXEaSea3MzrnUeqDVPy3k4TGgo8kixmBFtnPfRFpJ6yhopmg3LFr/oLoXUIcqhAruag/NUfKpIKKi3h2Jhe4Cc2zLC2jHA6K/VTQxNMJnhEew4lFtSE2WLjGbpwzhDFSrsnLVq4vycyLIyZish1CmzHZrU2N/+r9VIb18KMySS1VJLlR3HKkVVofj4aMk2J5VMHmGjmdkVkjDUm1oVUciEEqyevQ/uqGji+8yv1Rh5HEc7gHC4hgGuowy00oQUEJDzDK7x5xnvx3r2PZWvBy2dO4Y+8zx/J+pD3</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$2
<latexit sha1_base64="3bLohsKynOPRLCCQ8FaUJj+0uOI="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="JuE/+ttN1+scspibC/oV1JvFnIA=">AAACLnicbVDLSgMxFM3UV62vqks3wSq4kDJTBF0WH+hSwarQKSWT3mlDM5khuSOWYb7Ijb+iC0FF3PoZprULtV5IOJx7zr3JCRIpDLrui1OYmp6ZnSvOlxYWl5ZXyqtrVyZONYcGj2WsbwJmQAoFDRQo4SbRwKJAwnXQPxr2r29BGxGrSxwk0IpYV4lQcIaWapdP/A6E1jualB0z3T/VACrPdDfIM7fq7lK3uje83NxHuMMJob9Vy9vlihWMik4CbwwqZFzn7fKT34l5GoFCLpkxTc9NsJUxjYJLyEt+aiBhvM+60LRQsQhMKxvtzum2ZTo0jLU9CumI/enIWGTMIAqsMmLYM397Q/K/XjPF8KCVCZWkCIp/LwpTSTGmw+xoR2jgKAcWMK6FfSvlPaYZR5twyYbg/f3yJLiqVT2LL9xK/XAcR5FskE2yQzyyT+rkjJyTBuHknjySV/LmPDjPzrvz8S0tOGPPOvlVzucX9vWocA==</latexit> $1

<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$2
<latexit sha1_base64="3bLohsKynOPRLCCQ8FaUJj+0uOI="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="JuE/+ttN1+scspibC/oV1JvFnIA=">AAACLnicbVDLSgMxFM3UV62vqks3wSq4kDJTBF0WH+hSwarQKSWT3mlDM5khuSOWYb7Ijb+iC0FF3PoZprULtV5IOJx7zr3JCRIpDLrui1OYmp6ZnSvOlxYWl5ZXyqtrVyZONYcGj2WsbwJmQAoFDRQo4SbRwKJAwnXQPxr2r29BGxGrSxwk0IpYV4lQcIaWapdP/A6E1jualB0z3T/VACrPdDfIM7fq7lK3uje83NxHuMMJob9Vy9vlihWMik4CbwwqZFzn7fKT34l5GoFCLpkxTc9NsJUxjYJLyEt+aiBhvM+60LRQsQhMKxvtzum2ZTo0jLU9CumI/enIWGTMIAqsMmLYM397Q/K/XjPF8KCVCZWkCIp/LwpTSTGmw+xoR2jgKAcWMK6FfSvlPaYZR5twyYbg/f3yJLiqVT2LL9xK/XAcR5FskE2yQzyyT+rkjJyTBuHknjySV/LmPDjPzrvz8S0tOGPPOvlVzucX9vWocA==</latexit>

P0
<latexit sha1_base64="Z1uFpXqacQObQ2/GCZGcif1CGGo=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJd6dzCZDZmfXmdlAWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JEcG1c98vJra1vbG7ltws7u3v7B8XDo4aOU0VZncYiVq0ANRNcsrrhRrBWohhGgWDNYHg79ZsjpjSP5b0ZJ8yPsC95yCkaK/mdCM2Aosiqk67bLZbcsjsDWSXegpQqJ7XvBwCodoufnV5M04hJQwVq3fbcxPgZKsOpYJNCJ9UsQTrEPmtbKjFi2s9moSfk3Co9EsbKPmnITP29kWGk9TgK7OQ0pF72puJ/Xjs14bWfcZmkhkk6PxSmgpiYTBsgPa4YNWJsCVLFbVZCB6iQGttTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAOFR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQJqT6g==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="lv8pH7CtG3am6Gghrv7wOD1vHCg=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwP3EG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDsfOSBQ==</latexit>

P1
<latexit sha1_base64="hl0clcrLjTUDaogXRpDicxhIrxA=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJc5OZpMhs7PrzN1AWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JECoOu++Xk1tY3Nrfy24Wd3b39g+LhUcPEqWa8zmIZ61ZADZdC8ToKlLyVaE6jQPJmMLyd+s0R10bE6h7HCfcj2lciFIyilfxORHHAqMyqk67XLZbcsjsDWSXegpQqJ7XvBwCodoufnV7M0ogrZJIa0/bcBP2MahRM8kmhkxqeUDakfd62VNGIGz+bhZ6Qc6v0SBhr+xSSmfp7I6ORMeMosJPTkGbZm4r/ee0Uw2s/EypJkSs2PxSmkmBMpg2QntCcoRxbQpkWNithA6opQ9tTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAODR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQh6T6w==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="9zztsRDyCX53bOmv8m25/eSmTLM=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwPvEG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDs3eSBg==</latexit>

P0
<latexit sha1_base64="Z1uFpXqacQObQ2/GCZGcif1CGGo=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJd6dzCZDZmfXmdlAWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JEcG1c98vJra1vbG7ltws7u3v7B8XDo4aOU0VZncYiVq0ANRNcsrrhRrBWohhGgWDNYHg79ZsjpjSP5b0ZJ8yPsC95yCkaK/mdCM2Aosiqk67bLZbcsjsDWSXegpQqJ7XvBwCodoufnV5M04hJQwVq3fbcxPgZKsOpYJNCJ9UsQTrEPmtbKjFi2s9moSfk3Co9EsbKPmnITP29kWGk9TgK7OQ0pF72puJ/Xjs14bWfcZmkhkk6PxSmgpiYTBsgPa4YNWJsCVLFbVZCB6iQGttTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAOFR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQJqT6g==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="lv8pH7CtG3am6Gghrv7wOD1vHCg=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwP3EG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDsfOSBQ==</latexit>

P1
<latexit sha1_base64="hl0clcrLjTUDaogXRpDicxhIrxA=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJc5OZpMhs7PrzN1AWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JECoOu++Xk1tY3Nrfy24Wd3b39g+LhUcPEqWa8zmIZ61ZADZdC8ToKlLyVaE6jQPJmMLyd+s0R10bE6h7HCfcj2lciFIyilfxORHHAqMyqk67XLZbcsjsDWSXegpQqJ7XvBwCodoufnV7M0ogrZJIa0/bcBP2MahRM8kmhkxqeUDakfd62VNGIGz+bhZ6Qc6v0SBhr+xSSmfp7I6ORMeMosJPTkGbZm4r/ee0Uw2s/EypJkSs2PxSmkmBMpg2QntCcoRxbQpkWNithA6opQ9tTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAODR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQh6T6w==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="9zztsRDyCX53bOmv8m25/eSmTLM=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwPvEG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDs3eSBg==</latexit>
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<latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit><latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit><latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit><latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit>

s
<latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit><latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit><latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit><latexit sha1_base64="d2UdUyXwIE6sr6h1dsGgz9USWCo=">AAAB6nicbZA9TwJBEIbn8AvxC7W02QgmVuSORkuijSVG+UjgQvaWOdiwt3fZ3TMhF36CjYXG2PqL7Pw3LnCFgm+yyZN3ZrIzb5AIro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZxqhi2WCxi1Q2oRsEltgw3AruJQhoFAjvB5HZe7zyh0jyWj2aaoB/RkeQhZ9RY66Gqq4Nyxa25C5F18HKoQK7moPzVH8YsjVAaJqjWPc9NjJ9RZTgTOCv1U40JZRM6wp5FSSPUfrZYdUYurDMkYazsk4Ys3N8TGY20nkaB7YyoGevV2tz8r9ZLTXjtZ1wmqUHJlh+FqSAmJvO7yZArZEZMLVCmuN2VsDFVlBmbTsmG4K2evA7tes2zfF+vNG7yOIpwBudwCR5cQQPuoAktYDCCZ3iFN0c4L86787FsLTj5zCn8kfP5A5W7jVE=</latexit>

Figure 2: A two-player, binary-option Mixicle into which Alice and Bob each pay $1.
The Mixicle pays one of the players, P0 or P1, depending on the value of switch(x), a
predicate on oracle report x.

Why would Alice and Bob pay themselves? To prevent observers from following their
transaction history. For example, if, after mixing, P0 later pays Carol, an observer
can’t tell: Is it Alice paying Carol, or is it Bob?

Tumblers can, of course, involve more than two users. The more users, the harder
it becomes to trace payments going through the mixer. The bigger the crowd a user
is a part of, the greater the anonymity she enjoys.

2.2 Mixicles: Key ideas

A standard tumbler’s job is to decorrelate sender and receiver identities as in our
example above. But the idea might be extended to a more general notion of decorre-
lating inputs and outputs. In this generalized (if unorthodox) view, one can think of
a tumbler as a payment switch whose internal operation is private. In a tumbler, this
switch is randomized. In a Mixicle, the switch instead takes input from an oracle.

Consider, for instance, a Mixicle that pays all of the money it receives to just one
player, choosing this player based on the outcome x of some event, as in Fig. 2.

If P0 and P1 are pseudonyms for Alice and Bob, i.e., they’re paying themselves,
then this Mixicle is a binary bet. Let X denote the space of possible event outcomes,
i.e., x ∈ X. Then x might be the result of an election, e.g., x =“Democrats” or
“Republicans.” In this case, if switch(x) = 0 for x =“Democrats,” then P0 wins if the
Democrats win, and loses if the Republicans win. Alternatively, x might be the result
of a horse race or the temperature in Topeka, Kansas, or a Supreme Court ruling, or
anything else someone out there might want to bet on.

Of course, financial instruments in general are bets (and bets are financial instru-
ments). X could equally well be the possible states of an asset, e.g., the price of a
particular stock. A binary Mixicle would then be a financial instrument known as a
binary option. We give some examples of binary options and their associated switches
in Table 1.
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Binary option description x = switch(x)

Tesla, Inc. stock price
above $1000 at time T?

Ticker TSLA price
at time T

{
0 if x above $1,000
1 if x above $1,000

Flippening at time T? (ETH cap, BTC cap)
at time T

{ 0 if BTC cap > ETH cap
1 if ETH cap ≥ BTC cap

Peak NYC temp. in 2025
exceeds 120◦F?

Peak NYC temp.
in 2025 in F

{ 0 if x ≤ 120
1 if x > 120

U.S. women’s
foil fencing team wins

gold in 2024 Olympics?

U.S. women’s foil team’s
medal status in 2024

Olympics (∈ {gold, silver,
bronze, no medal)}

{
0 if x = gold
1 if x 6= gold

Table 1: Some example binary options with switches.

Our example Mixicle in Fig. 2 provides not just confidentiality for the receiver
identity, but also critically makes private the nature and outcome of the underlying
bet, as required for a Mixicle. That is, only Alice, Bob, and the oracle learn X
and switch. The payments themselves are visible on chain. If P0 and P1 are good
pseudonyms, though, i.e., not linkable to Alice and Bob, then the identity of the payee
(and loser) of the bet will also remain confidential to observers of the blockchain and
even the oracle. (They remain auditable, however, as we explain later.)

For simplicity, we focus in this paper on two-player Mixicles with binary bets, but
of course generalization to multiple players and arbitrary switch logic, e.g., non-binary
x and switch, is possible.

3 Adversarial Model and Security Requirements

To date, the literature on smart contract security focuses mainly on bug detection
and/or formal verification, e.g., [11, 16, 42, 57], or the design of smart contracts for
crime or protocol subversion [47, 62]. Some constructions, e.g., [25, 52, 91], also aim
at ensuring confidentiality, that is, privacy for contract data with respect to observers
and players. Few of these works, e.g., [47], consider oracles.

Mixicles aim to achieve correctness and confidentiality in senses we make precise
below. They operate, however, in a setting more complex than that considered by
previous works because of the inclusion of potentially adversarial oracles. Instead of
the usual two sets of players—those internal and external to a contract—the adver-
sarial model for a Mixicle encompasses three types of players potentially interacting
with a smart contract M:
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• Oracles: The oracle O (or set of oracles O = {O1, . . . , Om}) providing data to
M.

• Internal players: The players participating in the Mixicle, e.g., the Alice and
Bob of our examples above.

• External players: Other on-chain entities in the system.

Where clear from context, we sometimes refer to “players,” without indicating whether
they are internal or external.

The goal of a Mixicle is to achieve three key security properties:

• Confidentiality: Privacy for the terms—the query, amounts, timing, etc.—ofM
as much as possible from external players and O.

• Auditability: Mixicles enforce confidentiality as described, but are designed to
facilitate transparency to third parties where appropriate.

• Robustness to oracle faults: An oracle has wide latitude to misbehave, poten-
tially issuing false or delayed reports, colluding with internal and/or exter-
nal players, etc. A Mixicle construction should safeguard as much as possible
against these behaviors, even if it cannot guarantee correctness.

We now describe these two security properties in greater detail.

3.1 Confidentiality

Mixicle confidentiality has two components: payment confidentiality and query confi-
dentiality.

• Payment confidentiality is privacy for payment information in two senses:

– Payment-destination confidentiality: Privacy for the identities of players to
which payments are routed. That is, a decoupling of pseudonyms receiving
payouts from input identities of Mixicle players. Ordinary tumblers aim
to achieve such confidentiality.

– Payment-amount confidentiality: Privacy for the amounts involved in its
underlying financial instrument. Achieving such confidentiality in a smart
contract system where payment flows are public is challenging. In our
Mixicle constructions, we show how to achieve various types of (partial)
payment-amount confidentiality.

• Query confidentiality: Making switch and x private.
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Ideally, confidentiality can be enforced in a Mixicle with respect to both external
players and the oracle O, something our constructions achieve for payment confiden-
tiality.

Query confidentiality with respect to O is trickier. As O itself is evaluating switch,
it would seem infeasible to keep query data private from it. Ideally, we would like to
achieve a property we call:

• Strong query confidentiality: Privacy for switch and x with respect to O.

Such confidentiality is in fact possible, using trusted hardware, as in the Town Crier
system [91]. It is also achievable using cryptographic techniques newly introduced by
Zhang et al. in a system called Deco [93]. Deco enables a user to retrieve content
from a TLS-enabled server and prove statements about it in zero knowledge to an
oracle, e.g., retrieve a stock price and prove that it has the same ticker a greater
price than a committed (ticker, price) pair in M.5 We omit further details, and do
not consider strong query confidentiality in our constructions in this paper. We do,
however, consider it an attractive and practical potential enhancement for Mixicles.

An additional form of confidentiality to consider in Mixicle designs is timing confi-
dentiality. The time at which a query is resolved—and thus the time O might trigger
a Mixicle—serves as a side channel that can reveal information about switch. We
discuss this subtle form of confidentiality in Appendix B.1.

Query confidentiality and freeloading. Query confidentiality has implications
beyond privacy. It also provides an additional, subtle security property, namely pro-
tection against various forms of oracle freeloading [33]. A problem with on-chain
delivery of oracle data is that the data can be read and used by parasitic contracts—
using, e.g., ProvEth [17] or a less expensive oracle query that replays on-chain data.
Two problems result: (1) Reuse of oracle outputs is unfair, in the sense that while one
entity pays for queries, others benefit without compensating the oracle and (2) Reuse
of oracle outputs creates complex dependencies that can result in hard-to-evaluate and
possibly systemic risks of oracle failure. Query confidentiality prevents such abuses.

3.2 Auditability

Confidentiality in Mixicles is enforced strongly with respect to external players and
as strongly as possible with respect to O. It is not unconditional, however. There
are many reasons why third parties may require access to the internals of a Mixicle,
including audits of participating players, regulation of players or regulatory oversight
of the ecosystem with an eye to systemic risks, and investigations by law enforcement.

Thus Mixicles are designed also to support what we broadly call:

5Deco is somewhat like TLSNotary [2], but supports a much richer range of privacy-preserving
proofs, such as those needed for Mixicles. It also supports TLS 1.2 and 1.3, which TLSNotary
doesn’t.
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• Auditability: A Mixicle includes an immutable transaction record. A third party
such as an auditor can therefore verify player claims about the terms, execution,
and payouts of the Mixicle. One option for Mixicles is to require ciphertexts on
chain that can be decrypted by an auditor or regulator or by law enforcement.
We discuss auditing in Section 5.5.

3.3 Robustness to oracle faults

A fully trusted oracle O would always comply correctly with the terms of service pre-
agreed-upon with internal players, which we denote by terms. In our constructions,
terms includes a specification of the predicate switch to be evaluated by O (with a
specification of X, if there’s ambiguity) a deadline treport by which O must deliver a
report, i.e., its evaluation of switch(x), and the delivery target for the report, namely
the contract M.

Achieving oracle trustworthiness in practice requires certain assumptions, such
as the trustworthiness of trusted execution environments [91] or that a distributed
oracle O = {O1, O2, . . . , Om} has a majority of honest nodes [33]. Ideally, however,
an oracle-dependent system, such as a Mixicle, should fail gracefully when these
assumptions do not hold.

It is also useful therefore to consider a model addressing key security requirements
even if O misbehaves. In our constructions, we show how to enforce:

• Accountability: One helpful side effect of Mixicle auditability is that if O does
not comply with terms, i.e., behaves incorrectly or fails, then any internal player
can prove this non-compliance to an auditor (or other third party).

• Collusion-resistance: No coalition including O and players (internal and/or
external), can defraud an internal player in the sense of stealing money—except
by means of an auditable oracle failure, i.e., O sending an incorrect report or
not sending a report by the designated deadline.

• Denial-of-service resistance: If O fails to provide timely Mixicle input, players
can still withdraw their funds.

We aim in our constructions to achieve these properties given arbitrary, i.e., po-
tentially Byzantine, oracle behavior. While Mixicle designers may be willing to make
assumptions about the trustworthiness of O, our Mixicle designs offer backstop prop-
erties should trust assumptions about O fail.

3.4 Model limitations

Mixicles do not provide confidentiality, of course, beyond their scope of execution.
Any desired confidentiality for the funds coming from input addresses—the addresses
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from which Alice and Bob send payments in our examples—and, more importantly,
for funds withdrawn by output addresses—those for P0 and P1 in our examples—must
be addressed through some external means. Players with repeated interactions over
an extended period of time, e.g., financial institutions, can benefit from privacy for
intermediate transactions in SIMI-PPS and the possibility of making periodic partial
withdrawals. We discuss the challenge of withdrawal confidentiality in Appendix A.

Additionally, Mixicles enable users to prove oracle malfeasance, i.e., violation of
terms through incorrect reporting, to third parties, such as auditors. But Mixicles do
not prevent such problems. If an instrument has high enough value and O does not
incur substantial penalties for misbehavior, a relying Mixicle will be at risk.

We also omit payments to oracles and the relevant security and design consid-
erations from our model and protocol specifications. (We do, however, incorporate
oracle payments into our example Mixicle implementation.)

4 Warm-Up Constructions

In this section, we present two simple, practical Mixicle constructions. We begin with
a construction called SIMI (“simple Mixicle”) that generalizes the scheme of Fig. 2.
We then present a further generalization called payout slates that enables privacy for
Mixicle payment amounts to players. We realize payout slates in a scheme called
SIMI-PS (“simple Mixicle with payout slates”).

These two simple constructions convey the basic technical ideas behind Mixicles.
They pave the way for presentation in the next section of our main construction, SIMI-
PPS (“Simple Mixicle with private payout slates”), which offers more functionality
and stronger confidentiality.

4.1 SIMI: Simple Mixicle

Our first, very basic (yet practical!) construction, SIMI, is a two-player, binary-option
construction.

We assume that Alice, Bob, andO can communicate over secure private channels.6

This is necessary, in fact, as they must agree privately on the terms of the underlying
financial instrument in which they are involved.

Our constructions make use of pseudonyms of the form Pi, each of which has an
associated (randomly selected) address. In a slight abuse of notation, we let Pi denote
either the pseudonym or its associated address, depending on the context. Similarly

6It’s possible, of course, to implement such a channel straightforwardly on chain by encrypting
messages under players’ public keys. Such on-chain communication has the benefit of enabling
players to find and interact anonymous with one another exclusively on chain. As it’s somewhat
expensive, though, and has unclear regulatory implications, we assume an off-chain channel in this
paper and in our example Mixicle implementation.
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we sometimes conflate Pi with the player that controls the pseudonym, i.e., either
Alice or Bob.

We let σP [V ] denote a signature by player P (or O) on a value or set of values V .
Where clear from context, we drop the subscript.

We use the symbol $ to denote a monetary amounts (as in the examples above),
and additionally render text in green to denote funds in flight in our protocol speci-
fications and figures—as opposed to specifications of monetary amounts.

4.1.1 Basic SIMI construction

SIMI, again, is a generalization of Fig. 2. The main additions are player agreement
with O on the terms of the contract and a timeout that pays out refunds if a fault
occurs. SIMI includes three phases:

Setup. In an off-chain setup phase, Alice and Bob first generate respective public
/ private key pairs. They randomly assign these addresses to pseudonyms P0 and P1.
In other words, they pick a random bit b; Alice assigns an address under her control
to Pb, and Bob similarly to P1−b. They thereby make private the association between
output addresses and input addresses.

The players also agree on a specification S of the switch switch to be used in the
Mixicle and the time at which it is run, an amount $p that each will pay in, and a
deadline treport by which O must deliver its report.

Finally, the two players agree with O—still off-chain—on the terms of the oracle’s
reporting, namely terms = (S, treport,M). O sends signed terms (terms, σO[terms]) to
the players to signal agreement.7

Execution. In a subsequent on-chain execution phase performed byM, one of the
players sends the public agreed-upon values to M, namely (P0,P1) and ($p, treport).
The player also sends a commitment commit(terms); this is useful for regulatory
assurance, as on-chain commitment of terms ensures that it can be presented in a
correct and immutable form to a third party.

Each of the players then pays in $p. Note that a player assents to the contract /
binary option by paying in, only doing so if s/he agrees on the terms and has received
signed terms from O. M then waits for a report from O.
O sends its report s = switch(x) ∈ {0, 1} to M once it is available.

Payment. In the final phase of SIMI,M makes payments to the players (or permits
withdrawals, depending on the implementation). O’s delivery of the report s assigns
funds to the winning player, Ps, who can immediately withdraw her / his funds.

7Alternatively, O might sign (switch,M) and (treport,M) individually. In this way, a player can
reveal treport selectively to an auditor to prove non-performance by O without disclosing switch.
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SIMI protocol (Parties: Alice, Bob, O, and M)

Setup (off chain):

1 : Alice and Bob agree on S, treport, $p, and (randomly ordered) pseudonyms (P0,P1).

2 : Alice (or Bob) sends terms = (S, treport,M) to O.

3 : O sends (terms, σO[terms]) to Alice and Bob.

Execution (on chain, performed by M):

1 : M receives
(
(P0,P1), ($p, treport), commit(terms)

)
from Alice or Bob.

2 : M receives $p from Alice and Bob.

3 : M receives report s = switch(x) from O.

Payment (on chain, perfomed by M):

1 : If report s delivered and both players paid in $p to M
2 : M pays $2p to Ps;
3 : Else if time > treport

4 : M refunds any paid-in funds.

Figure 3: Sketch of SIMI protocol for binary financial instrument.

If no report arrives by timeout treport, then the players’ payments to the Mixicle
are refunded. Similarly, any payments are refunded if one player fails to pay in $p.

We present a sketch of SIMI in Fig. 3. We assume for simplicity here and later that
the identities of Alice, Bob, andO are hardwired intoM, although an implementation
is possible of course in which they are set dynamically.

4.1.2 Security of SIMI

SIMI achieves mix-like payment-destination confidentiality: Thanks to the off-chain
address randomization, neither external players nor O knows which of Alice and Bob
received the funds from M. SIMI doesn’t achieve payment-amount confidentiality.
An external observer can determine the payment amounts involved in M.

SIMI also achieves query confidentiality: An external observer sees the oracle
return nothing but a bit s.8

8Note that switch may have a bias—i.e., Pr[switch(x) = 0] − Pr[switch(x) = 1] 6= 0 over coins
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What about the other three properties we’re after: Auditability, collusion-resistance,
and denial-of-service resistance?

Auditability results from O’s commitment to terms. If O provides an incorrect
report s, i.e., one that is inconsistent with switch, then either Alice or Bob can reveal
terms, signed by O, to an auditor, which can then confirm the discrepancy.

SIMI clearly provides collusion-resistance. If O reports a correct result before the
deadline treport, a valid payout will occur.

Finally, once the Mixicle is set up in SIMI, the only possible denial-of-service is
failure by O to deliver a report. The timeout treport ensures that players’ payouts are
refunded in this case.

4.2 SIMI-PS: Simple Mixicle with Payout Slates

While useful, SIMI reveals a key piece of information to external players: Pay-in and
payout amounts. These amounts can leak important information. It’s not just their
magnitude that is important, but also their relative sizes. For example, if Alice is
paying $2 into binary option, while Bob is paying only $1, that means Alice is taking
the riskier position (2:1 odds). Similarly, if both players pay in $1, and there is only
one payout of $2, it’s clear that one player received all of the money from the Mixicle.

Happily, by generalizing SIMI, we can enforce good confidentiality for payment
amounts—while still avoiding any heavyweight crypto. The idea is to generalize the
pseudonymous payments made by the Mixicle.

We use the term payout slate to denote a sequence of pseudonyms and associated
payment amounts. Let the pair (P , $p) denote a payout of $p to pseudonym P .

We represent a Mixicle payout slate as a set π = {(Pi, $pi)}n−1
i=0 of payouts over a

set of some n accounts. (For simplicity, we assume n is fixed across payout slates.)
We define π[k] = (Pi, $pk). As a Mixicle involves multiple slates, we index slates by
subscript, i.e., πi is the ith payout slate, and πi[k] is the kth payment in the ith payout
slate. We assume that all payout slates have equivalent aggregate value, and let thus
$π denote the value of any payout slate.

By using a payout slate and also making dummy payments into the Mixicle to pad
input amounts, players in a Mixicle can provide (partial) privacy for input amounts.

This idea is illustrated in the example in Fig. 4, in which payout slates with
n = 4 are associated with the two possible outcomes s = switch(x) ∈ {0, 1}. Here,
π0 = {(Pi, $1)}3

i=0 and π1 = {(Pi, $1)}7
i=4.

In Fig. 4, an external player or O sees a financial instrument in which Alice
and Bob pay in $2 each, and the payout is in $1 granularity—but nothing more. If
s = switch(x) = 0, the instrument here pays Alice $4; in this case, Alice makes a

for X—and may thus leak data if reused. An easy fix can unbias switch. Alice and Bob pick a
fresh random bit s′ for each invocation of Mixicle contract M and replace switch with switch′(x) =
switch(x)⊕s′. This technique can obviously be extended to multi-valued functions switch. No change
to M is required.
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(Bob)
<latexit sha1_base64="u/4JGrPgIvkfgExKYmg53fTmNZA=">AAAB83icbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFlqRuXFewFOkPJpGkbmsuQZMQy9DXcuLCIW1/GnW9jello6w+Bj/+cwzn544QzY33/29vY3Nre2c3t5fcPDo+OCyenTaNSTWiDKK50O8aGciZpwzLLaTvRFIuY01Y8upvVW09UG6bkox0nNBJ4IFmfEWydFYYiVs9Zuabiy0m3UPIr/lxoHYIllKrF8GoKAPVu4SvsKZIKKi3h2JhO4Cc2yrC2jHA6yYepoQkmIzygHYcSC2qibH7zBF04p4f6SrsnLZq7vycyLIwZi9h1CmyHZrU2M/+rdVLbv40yJpPUUkkWi/opR1ahWQCoxzQllo8dYKKZuxWRIdaYWBdT3oUQrH55HZrXlcDxg0ujBgvl4ByKUIYAbqAK91CHBhBI4AXeYOql3qv37n0sWje85cwZ/JH3+QOoWJLl</latexit><latexit sha1_base64="g1tgCMEciILOTfdVSF+J0T///Ow=">AAAB83icbZDLSgMxFIbP1Futt6pLN6FFqAhlxo0uS924rGAv0BlKJk3b0EwyJBlxGPoW4saFIm59GXd9G9PLQlt/CHz85xzOyR/GnGnjulMnt7G5tb2T3y3s7R8cHhWPT1paJorQJpFcqk6INeVM0KZhhtNOrCiOQk7b4fh2Vm8/UqWZFA8mjWkQ4aFgA0awsZbvR6F8yip1GV5MesWyW3XnQuvgLaFcK/mXz9Na2ugVv/2+JElEhSEca9313NgEGVaGEU4nBT/RNMZkjIe0a1HgiOogm988QefW6aOBVPYJg+bu74kMR1qnUWg7I2xGerU2M/+rdRMzuAkyJuLEUEEWiwYJR0aiWQCozxQlhqcWMFHM3orICCtMjI2pYEPwVr+8Dq2rqmf53qZRh4XycAYlqIAH11CDO2hAEwjE8AJv8O4kzqvz4XwuWnPOcuYU/sj5+gGxwpRr</latexit><latexit sha1_base64="g1tgCMEciILOTfdVSF+J0T///Ow=">AAAB83icbZDLSgMxFIbP1Futt6pLN6FFqAhlxo0uS924rGAv0BlKJk3b0EwyJBlxGPoW4saFIm59GXd9G9PLQlt/CHz85xzOyR/GnGnjulMnt7G5tb2T3y3s7R8cHhWPT1paJorQJpFcqk6INeVM0KZhhtNOrCiOQk7b4fh2Vm8/UqWZFA8mjWkQ4aFgA0awsZbvR6F8yip1GV5MesWyW3XnQuvgLaFcK/mXz9Na2ugVv/2+JElEhSEca9313NgEGVaGEU4nBT/RNMZkjIe0a1HgiOogm988QefW6aOBVPYJg+bu74kMR1qnUWg7I2xGerU2M/+rdRMzuAkyJuLEUEEWiwYJR0aiWQCozxQlhqcWMFHM3orICCtMjI2pYEPwVr+8Dq2rqmf53qZRh4XycAYlqIAH11CDO2hAEwjE8AJv8O4kzqvz4XwuWnPOcuYU/sj5+gGxwpRr</latexit><latexit sha1_base64="7kJxwOGLDt3DbAbasg72vaRXwvk=">AAAB83icbZC7SgNBFIbPxluMt6ilzWAQYhN2bbQMsbGMYC6QXcLsZJIMmcsyMyuGJa9hY6GIrS9j59s4SbbQxB8GPv5zDufMHyecGev7315hY3Nre6e4W9rbPzg8Kh+ftI1KNaEtorjS3RgbypmkLcssp91EUyxiTjvx5HZe7zxSbZiSD3aa0EjgkWRDRrB1VhiKWD1l1YaKL2f9csWv+QuhdQhyqECuZr/8FQ4USQWVlnBsTC/wExtlWFtGOJ2VwtTQBJMJHtGeQ4kFNVG2uHmGLpwzQEOl3ZMWLdzfExkWxkxF7DoFtmOzWpub/9V6qR3eRBmTSWqpJMtFw5Qjq9A8ADRgmhLLpw4w0czdisgYa0ysi6nkQghWv7wO7ata4Pjer9QbeRxFOINzqEIA11CHO2hCCwgk8Ayv8Oal3ov37n0sWwtePnMKf+R9/gCV2ZFc</latexit>

s = 0 s = 1

pay ⇡s pay ⇡s

Payout slate ⇡0
<latexit sha1_base64="q9XjWSp1wlrvft3X3Nx9xbKC64s=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+p+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAkRJRY</latexit><latexit sha1_base64="q9XjWSp1wlrvft3X3Nx9xbKC64s=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+p+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAkRJRY</latexit><latexit sha1_base64="q9XjWSp1wlrvft3X3Nx9xbKC64s=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+p+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAkRJRY</latexit><latexit sha1_base64="q9XjWSp1wlrvft3X3Nx9xbKC64s=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+p+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAkRJRY</latexit>

Payout slate ⇡1
<latexit sha1_base64="KGe8qk3ZmonZH3Q3RvC58AznS+8=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+t+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAlyZRZ</latexit><latexit sha1_base64="KGe8qk3ZmonZH3Q3RvC58AznS+8=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+t+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAlyZRZ</latexit><latexit sha1_base64="KGe8qk3ZmonZH3Q3RvC58AznS+8=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+t+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAlyZRZ</latexit><latexit sha1_base64="KGe8qk3ZmonZH3Q3RvC58AznS+8=">AAAB/XicbZC7TsMwFIadcivlFi4bi0WLxFQlXWCsYGEsEr1IbRQ5rtNadZzIPkEKUcWrsDCAECvvwcbb4LYZoOWXLH36zzk6x3+QCK7Bcb6t0tr6xuZWebuys7u3f2AfHnV0nCrK2jQWseoFRDPBJWsDB8F6iWIkCgTrBpObWb37wJTmsbyHLGFeREaSh5wSMJZvn7RIFqeAtSDAcG2QcN+t+XbVqTtz4VVwC6iiQi3f/hoMY5pGTAIVROu+6yTg5UQBp4JNK4NUs4TQCRmxvkFJIqa9fH79FJ8bZ4jDWJknAc/d3xM5ibTOosB0RgTGerk2M/+r9VMIr7ycyyQFJuliUZgKDDGeRYGHXDEKIjNAqOLmVkzHRBEKJrCKCcFd/vIqdBp11/Bdo9q8LuIoo1N0hi6Qiy5RE92iFmojih7RM3pFb9aT9WK9Wx+L1pJVzByjP7I+fwAlyZRZ</latexit>

Alice
<latexit sha1_base64="pqakILw5MQDAF5dLQB/vYkm4hys=">AAAB83icbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGrLpxWcFeoDOUTJppQ5PMkGTEMhR8CjcuFHHrc7h359uYXhba+kPg4z/ncE7+KOVMG8/7dgpLyyura8V1d2Nza3untLvX0EmmCK2ThCeqFWFNOZO0bpjhtJUqikXEaTMaXI/rzXuqNEvknRmmNBS4J1nMCDbWCgIRJQ/5JWeEjjqlslfxJkKL4M+gfPHpnj8CQK1T+gq6CckElYZwrHXb91IT5lgZRjgduUGmaYrJAPdo26LEguown9w8QkfW6aI4UfZJgybu74kcC62HIrKdApu+nq+Nzf9q7czEZ2HOZJoZKsl0UZxxZBI0DgB1maLE8KEFTBSztyLSxwoTY2NybQj+/JcXoXFS8S3feuXqFUxVhAM4hGPw4RSqcAM1qAOBFJ7gBV6dzHl23pz3aWvBmc3swx85Hz+/WZOj</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="JvAjhb0Ax5XySi7c59tgDf9u1OI=">AAAB83icbZC7SgNBFIZn4y3GW9TSZjAIVmHXRsuojWUEc4HsEmYnZ5Mhc1lmZsWw5DVsLBSx9WXsfBsnyRaa+MPAx3/O4Zz545QzY33/2yutrW9sbpW3Kzu7e/sH1cOjtlGZptCiiivdjYkBziS0LLMcuqkGImIOnXh8O6t3HkEbpuSDnaQQCTKULGGUWGeFoYjVU37NGYVpv1rz6/5ceBWCAmqoULNf/QoHimYCpKWcGNML/NRGOdGWUQ7TSpgZSAkdkyH0HEoiwET5/OYpPnPOACdKuyctnru/J3IijJmI2HUKYkdmuTYz/6v1MptcRTmTaWZB0sWiJOPYKjwLAA+YBmr5xAGhmrlbMR0RTah1MVVcCMHyl1ehfVEPHN/7tcZNEUcZnaBTdI4CdIka6A41UQtRlKJn9IrevMx78d69j0VryStmjtEfeZ8/UCGR1g==</latexit>

Alice
<latexit sha1_base64="pqakILw5MQDAF5dLQB/vYkm4hys=">AAAB83icbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGrLpxWcFeoDOUTJppQ5PMkGTEMhR8CjcuFHHrc7h359uYXhba+kPg4z/ncE7+KOVMG8/7dgpLyyura8V1d2Nza3untLvX0EmmCK2ThCeqFWFNOZO0bpjhtJUqikXEaTMaXI/rzXuqNEvknRmmNBS4J1nMCDbWCgIRJQ/5JWeEjjqlslfxJkKL4M+gfPHpnj8CQK1T+gq6CckElYZwrHXb91IT5lgZRjgduUGmaYrJAPdo26LEguown9w8QkfW6aI4UfZJgybu74kcC62HIrKdApu+nq+Nzf9q7czEZ2HOZJoZKsl0UZxxZBI0DgB1maLE8KEFTBSztyLSxwoTY2NybQj+/JcXoXFS8S3feuXqFUxVhAM4hGPw4RSqcAM1qAOBFJ7gBV6dzHl23pz3aWvBmc3swx85Hz+/WZOj</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="5ZCjc3fXX8UPkpdrWNH5ImhyGFQ=">AAAB83icbZC7SgNBFIZnvcb1FrW0GQyCVdi10UaM2lhGMBfILmF2MpsMmRszs2JY8ho2Fora+hz2NuLbOLkUmvjDwMd/zuGc+RPFqLFB8O0tLC4tr6wW1vz1jc2t7eLObt3ITGNSw5JJ3UyQIYwKUrPUMtJUmiCeMNJI+lejeuOOaEOluLUDRWKOuoKmFCPrrCjiibzPLxjFZNguloJyMBach3AKpfMP/0y9fvnVdvEz6kiccSIsZsiYVhgoG+dIW4oZGfpRZohCuI+6pOVQIE5MnI9vHsJD53RgKrV7wsKx+3siR9yYAU9cJ0e2Z2ZrI/O/Wiuz6WmcU6EySwSeLEozBq2EowBgh2qCLRs4QFhTdyvEPaQRti4m34UQzn55HurH5dDxTVCqXIKJCmAfHIAjEIITUAHXoApqAAMFHsATePYy79F78d4mrQvedGYP/JH3/gOw6JUX</latexit><latexit sha1_base64="JvAjhb0Ax5XySi7c59tgDf9u1OI=">AAAB83icbZC7SgNBFIZn4y3GW9TSZjAIVmHXRsuojWUEc4HsEmYnZ5Mhc1lmZsWw5DVsLBSx9WXsfBsnyRaa+MPAx3/O4Zz545QzY33/2yutrW9sbpW3Kzu7e/sH1cOjtlGZptCiiivdjYkBziS0LLMcuqkGImIOnXh8O6t3HkEbpuSDnaQQCTKULGGUWGeFoYjVU37NGYVpv1rz6/5ceBWCAmqoULNf/QoHimYCpKWcGNML/NRGOdGWUQ7TSpgZSAkdkyH0HEoiwET5/OYpPnPOACdKuyctnru/J3IijJmI2HUKYkdmuTYz/6v1MptcRTmTaWZB0sWiJOPYKjwLAA+YBmr5xAGhmrlbMR0RTah1MVVcCMHyl1ehfVEPHN/7tcZNEUcZnaBTdI4CdIka6A41UQtRlKJn9IrevMx78d69j0VryStmjtEfeZ8/UCGR1g==</latexit>

Bob
<latexit sha1_base64="4JMO6jtqi44uusiRopLh7S8ah4I=">AAAB8XicbZC7SgNBFIbPeo3rLWppMxgEq7Bro40YYmMZwVwwWcLsZJIMmcsyMyuGJeBD2FgoYuuD2Nv5Nk4uhSb+MPDx/+cw55w44czYIPj2lpZXVtfWcxv+5tb2zm5+b79mVKoJrRLFlW7E2FDOJK1aZjltJJpiEXNajwdX47x+T7VhSt7aYUIjgXuSdRnB1ll3LRGrh6ys4lE7XwiKwURoEcIZFC4//YtHAKi081+tjiKpoNISjo1phkFiowxrywinI7+VGppgMsA92nQosaAmyiYTj9Cxczqoq7R70qKJ+7sjw8KYoYhdpcC2b+azsflf1kxt9zzKmExSSyWZftRNObIKjddHHaYpsXzoABPN3KyI9LHGxLoj+e4I4fzKi1A7LYaOb4JCqQxT5eAQjuAEQjiDElxDBapAQMITvMCrZ7xn7817n5YuebOeA/gj7+MHOUGSxA==</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="ZAfCmVoBV64iytc2kNuqP0zzoYU=">AAAB8XicbZC7TgJBFIbP4g3xhlraTCQmVmTXRkqCjSUmcomwIbPDLEyYy2Zm1kg2vIWNhcbY+jZ2vo0DbKHgn0zy5T/nZM75o4QzY33/2ytsbG5t7xR3S3v7B4dH5eOTtlGpJrRFFFe6G2FDOZO0ZZnltJtoikXEaSea3MzrnUeqDVPy3k4TGgo8kixmBFtnPfRFpJ6yhopmg3LFr/oLoXUIcqhAruag/NUfKpIKKi3h2Jhe4Cc2zLC2jHA6K/VTQxNMJnhEew4lFtSE2WLjGbpwzhDFSrsnLVq4vycyLIyZish1CmzHZrU2N/+r9VIb18KMySS1VJLlR3HKkVVofj4aMk2J5VMHmGjmdkVkjDUm1oVUciEEqyevQ/uqGji+8yv1Rh5HEc7gHC4hgGuowy00oQUEJDzDK7x5xnvx3r2PZWvBy2dO4Y+8zx/J+pD3</latexit>Bob

<latexit sha1_base64="4JMO6jtqi44uusiRopLh7S8ah4I=">AAAB8XicbZC7SgNBFIbPeo3rLWppMxgEq7Bro40YYmMZwVwwWcLsZJIMmcsyMyuGJeBD2FgoYuuD2Nv5Nk4uhSb+MPDx/+cw55w44czYIPj2lpZXVtfWcxv+5tb2zm5+b79mVKoJrRLFlW7E2FDOJK1aZjltJJpiEXNajwdX47x+T7VhSt7aYUIjgXuSdRnB1ll3LRGrh6ys4lE7XwiKwURoEcIZFC4//YtHAKi081+tjiKpoNISjo1phkFiowxrywinI7+VGppgMsA92nQosaAmyiYTj9Cxczqoq7R70qKJ+7sjw8KYoYhdpcC2b+azsflf1kxt9zzKmExSSyWZftRNObIKjddHHaYpsXzoABPN3KyI9LHGxLoj+e4I4fzKi1A7LYaOb4JCqQxT5eAQjuAEQjiDElxDBapAQMITvMCrZ7xn7817n5YuebOeA/gj7+MHOUGSxA==</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="uhpMOZNuRoAQwzLDi2W3rcRD41A=">AAAB8XicbZDLSgMxFIbP1Fsdb1WXboJFcFVm3OhGLHXjsoK9YDuUTJppQzPJkGTEMvQt3LhQRJc+iHs34tuYXhba+kPg4//PIeecMOFMG8/7dnJLyyura/l1d2Nza3unsLtX1zJVhNaI5FI1Q6wpZ4LWDDOcNhNFcRxy2ggHl+O8cUeVZlLcmGFCgxj3BIsYwcZat+04lPdZRYajTqHolbyJ0CL4MyhefLjnyduXW+0UPttdSdKYCkM41rrle4kJMqwMI5yO3HaqaYLJAPdoy6LAMdVBNpl4hI6s00WRVPYJgybu744Mx1oP49BWxtj09Xw2Nv/LWqmJzoKMiSQ1VJDpR1HKkZFovD7qMkWJ4UMLmChmZ0WkjxUmxh7JtUfw51dehPpJybd87RXLFZgqDwdwCMfgwymU4QqqUAMCAh7gCZ4d7Tw6L87rtDTnzHr24Y+c9x8q0JQ4</latexit><latexit sha1_base64="ZAfCmVoBV64iytc2kNuqP0zzoYU=">AAAB8XicbZC7TgJBFIbP4g3xhlraTCQmVmTXRkqCjSUmcomwIbPDLEyYy2Zm1kg2vIWNhcbY+jZ2vo0DbKHgn0zy5T/nZM75o4QzY33/2ytsbG5t7xR3S3v7B4dH5eOTtlGpJrRFFFe6G2FDOZO0ZZnltJtoikXEaSea3MzrnUeqDVPy3k4TGgo8kixmBFtnPfRFpJ6yhopmg3LFr/oLoXUIcqhAruag/NUfKpIKKi3h2Jhe4Cc2zLC2jHA6K/VTQxNMJnhEew4lFtSE2WLjGbpwzhDFSrsnLVq4vycyLIyZish1CmzHZrU2N/+r9VIb18KMySS1VJLlR3HKkVVofj4aMk2J5VMHmGjmdkVkjDUm1oVUciEEqyevQ/uqGji+8yv1Rh5HEc7gHC4hgGuowy00oQUEJDzDK7x5xnvx3r2PZWvBy2dO4Y+8zx/J+pD3</latexit>

(Bob)
<latexit sha1_base64="u/4JGrPgIvkfgExKYmg53fTmNZA=">AAAB83icbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFlqRuXFewFOkPJpGkbmsuQZMQy9DXcuLCIW1/GnW9jello6w+Bj/+cwzn544QzY33/29vY3Nre2c3t5fcPDo+OCyenTaNSTWiDKK50O8aGciZpwzLLaTvRFIuY01Y8upvVW09UG6bkox0nNBJ4IFmfEWydFYYiVs9Zuabiy0m3UPIr/lxoHYIllKrF8GoKAPVu4SvsKZIKKi3h2JhO4Cc2yrC2jHA6yYepoQkmIzygHYcSC2qibH7zBF04p4f6SrsnLZq7vycyLIwZi9h1CmyHZrU2M/+rdVLbv40yJpPUUkkWi/opR1ahWQCoxzQllo8dYKKZuxWRIdaYWBdT3oUQrH55HZrXlcDxg0ujBgvl4ByKUIYAbqAK91CHBhBI4AXeYOql3qv37n0sWje85cwZ/JH3+QOoWJLl</latexit><latexit sha1_base64="g1tgCMEciILOTfdVSF+J0T///Ow=">AAAB83icbZDLSgMxFIbP1Futt6pLN6FFqAhlxo0uS924rGAv0BlKJk3b0EwyJBlxGPoW4saFIm59GXd9G9PLQlt/CHz85xzOyR/GnGnjulMnt7G5tb2T3y3s7R8cHhWPT1paJorQJpFcqk6INeVM0KZhhtNOrCiOQk7b4fh2Vm8/UqWZFA8mjWkQ4aFgA0awsZbvR6F8yip1GV5MesWyW3XnQuvgLaFcK/mXz9Na2ugVv/2+JElEhSEca9313NgEGVaGEU4nBT/RNMZkjIe0a1HgiOogm988QefW6aOBVPYJg+bu74kMR1qnUWg7I2xGerU2M/+rdRMzuAkyJuLEUEEWiwYJR0aiWQCozxQlhqcWMFHM3orICCtMjI2pYEPwVr+8Dq2rqmf53qZRh4XycAYlqIAH11CDO2hAEwjE8AJv8O4kzqvz4XwuWnPOcuYU/sj5+gGxwpRr</latexit><latexit sha1_base64="g1tgCMEciILOTfdVSF+J0T///Ow=">AAAB83icbZDLSgMxFIbP1Futt6pLN6FFqAhlxo0uS924rGAv0BlKJk3b0EwyJBlxGPoW4saFIm59GXd9G9PLQlt/CHz85xzOyR/GnGnjulMnt7G5tb2T3y3s7R8cHhWPT1paJorQJpFcqk6INeVM0KZhhtNOrCiOQk7b4fh2Vm8/UqWZFA8mjWkQ4aFgA0awsZbvR6F8yip1GV5MesWyW3XnQuvgLaFcK/mXz9Na2ugVv/2+JElEhSEca9313NgEGVaGEU4nBT/RNMZkjIe0a1HgiOogm988QefW6aOBVPYJg+bu74kMR1qnUWg7I2xGerU2M/+rdRMzuAkyJuLEUEEWiwYJR0aiWQCozxQlhqcWMFHM3orICCtMjI2pYEPwVr+8Dq2rqmf53qZRh4XycAYlqIAH11CDO2hAEwjE8AJv8O4kzqvz4XwuWnPOcuYU/sj5+gGxwpRr</latexit><latexit sha1_base64="7kJxwOGLDt3DbAbasg72vaRXwvk=">AAAB83icbZC7SgNBFIbPxluMt6ilzWAQYhN2bbQMsbGMYC6QXcLsZJIMmcsyMyuGJa9hY6GIrS9j59s4SbbQxB8GPv5zDufMHyecGev7315hY3Nre6e4W9rbPzg8Kh+ftI1KNaEtorjS3RgbypmkLcssp91EUyxiTjvx5HZe7zxSbZiSD3aa0EjgkWRDRrB1VhiKWD1l1YaKL2f9csWv+QuhdQhyqECuZr/8FQ4USQWVlnBsTC/wExtlWFtGOJ2VwtTQBJMJHtGeQ4kFNVG2uHmGLpwzQEOl3ZMWLdzfExkWxkxF7DoFtmOzWpub/9V6qR3eRBmTSWqpJMtFw5Qjq9A8ADRgmhLLpw4w0czdisgYa0ysi6nkQghWv7wO7ata4Pjer9QbeRxFOINzqEIA11CHO2hCCwgk8Ayv8Oal3ov37n0sWwtePnMKf+R9/gCV2ZFc</latexit>

(Alice)
<latexit sha1_base64="zGVHhVOeeO7KVHBPZkikl0oTjbk=">AAAB9XicbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFl1Y3LCvYCnbFk0kwbmmSGJKOWoe/hRlARt76LO9/G9LLQ1h8CH/85h3Pyhwln2rjut7O0vLK6tp7byG9ube/sFvb2GzpOFaF1EvNYtUKsKWeS1g0znLYSRbEIOW2Gg6txvXlPlWaxvDXDhAYC9ySLGMHGWne+COPHrHzBGaHHo06h5FbcidAieDMoVYv+yQsA1DqFL78bk1RQaQjHWrc9NzFBhpVhhNNR3k81TTAZ4B5tW5RYUB1kk6tH6Mg6XRTFyj5p0MT9PZFhofVQhLZTYNPX87Wx+V+tnZroPMiYTFJDJZkuilKOTIzGEaAuU5QYPrSAiWL2VkT6WGFibFB5G4I3/+VFaJxWPMs3No1LmCoHh1CEMnhwBlW4hhrUgYCCJ3iFN+fBeXbenY9p65IzmzmAP3I+fwAvopPE</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="l3JrLK2p2txLoSRwreTaC7sW5G8=">AAAB9XicbZC7TgJBFIbP4g3xhlraTCQm2JBdGy1RG0tM5JLASmaHASbMZTMzq5IN72FjoTG2voudb+MAWyj4J5N8+c85OWf+KObMWN//9nIrq2vrG/nNwtb2zu5ecf+gYVSiCa0TxZVuRdhQziStW2Y5bcWaYhFx2oxG19N684Fqw5S8s+OYhgIPJOszgq2z7jsiUk9p+ZIzQk8n3WLJr/gzoWUIMihBplq3+NXpKZIIKi3h2Jh24Mc2TLG2jHA6KXQSQ2NMRnhA2w4lFtSE6ezqCTpxTg/1lXZPWjRzf0+kWBgzFpHrFNgOzWJtav5Xaye2fxGmTMaJpZLMF/UTjqxC0whQj2lKLB87wEQzdysiQ6wxsS6oggshWPzyMjTOKoHjW79UvcriyMMRHEMZAjiHKtxADepAQMMzvMKb9+i9eO/ex7w152Uzh/BH3ucPHSOSOw==</latexit>

(Alice)
<latexit sha1_base64="zGVHhVOeeO7KVHBPZkikl0oTjbk=">AAAB9XicbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFl1Y3LCvYCnbFk0kwbmmSGJKOWoe/hRlARt76LO9/G9LLQ1h8CH/85h3Pyhwln2rjut7O0vLK6tp7byG9ube/sFvb2GzpOFaF1EvNYtUKsKWeS1g0znLYSRbEIOW2Gg6txvXlPlWaxvDXDhAYC9ySLGMHGWne+COPHrHzBGaHHo06h5FbcidAieDMoVYv+yQsA1DqFL78bk1RQaQjHWrc9NzFBhpVhhNNR3k81TTAZ4B5tW5RYUB1kk6tH6Mg6XRTFyj5p0MT9PZFhofVQhLZTYNPX87Wx+V+tnZroPMiYTFJDJZkuilKOTIzGEaAuU5QYPrSAiWL2VkT6WGFibFB5G4I3/+VFaJxWPMs3No1LmCoHh1CEMnhwBlW4hhrUgYCCJ3iFN+fBeXbenY9p65IzmzmAP3I+fwAvopPE</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="l3JrLK2p2txLoSRwreTaC7sW5G8=">AAAB9XicbZC7TgJBFIbP4g3xhlraTCQm2JBdGy1RG0tM5JLASmaHASbMZTMzq5IN72FjoTG2voudb+MAWyj4J5N8+c85OWf+KObMWN//9nIrq2vrG/nNwtb2zu5ecf+gYVSiCa0TxZVuRdhQziStW2Y5bcWaYhFx2oxG19N684Fqw5S8s+OYhgIPJOszgq2z7jsiUk9p+ZIzQk8n3WLJr/gzoWUIMihBplq3+NXpKZIIKi3h2Jh24Mc2TLG2jHA6KXQSQ2NMRnhA2w4lFtSE6ezqCTpxTg/1lXZPWjRzf0+kWBgzFpHrFNgOzWJtav5Xaye2fxGmTMaJpZLMF/UTjqxC0whQj2lKLB87wEQzdysiQ6wxsS6oggshWPzyMjTOKoHjW79UvcriyMMRHEMZAjiHKtxADepAQMMzvMKb9+i9eO/ex7w152Uzh/BH3ucPHSOSOw==</latexit>

(Alice)
<latexit sha1_base64="zGVHhVOeeO7KVHBPZkikl0oTjbk=">AAAB9XicbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFl1Y3LCvYCnbFk0kwbmmSGJKOWoe/hRlARt76LO9/G9LLQ1h8CH/85h3Pyhwln2rjut7O0vLK6tp7byG9ube/sFvb2GzpOFaF1EvNYtUKsKWeS1g0znLYSRbEIOW2Gg6txvXlPlWaxvDXDhAYC9ySLGMHGWne+COPHrHzBGaHHo06h5FbcidAieDMoVYv+yQsA1DqFL78bk1RQaQjHWrc9NzFBhpVhhNNR3k81TTAZ4B5tW5RYUB1kk6tH6Mg6XRTFyj5p0MT9PZFhofVQhLZTYNPX87Wx+V+tnZroPMiYTFJDJZkuilKOTIzGEaAuU5QYPrSAiWL2VkT6WGFibFB5G4I3/+VFaJxWPMs3No1LmCoHh1CEMnhwBlW4hhrUgYCCJ3iFN+fBeXbenY9p65IzmzmAP3I+fwAvopPE</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="l3JrLK2p2txLoSRwreTaC7sW5G8=">AAAB9XicbZC7TgJBFIbP4g3xhlraTCQm2JBdGy1RG0tM5JLASmaHASbMZTMzq5IN72FjoTG2voudb+MAWyj4J5N8+c85OWf+KObMWN//9nIrq2vrG/nNwtb2zu5ecf+gYVSiCa0TxZVuRdhQziStW2Y5bcWaYhFx2oxG19N684Fqw5S8s+OYhgIPJOszgq2z7jsiUk9p+ZIzQk8n3WLJr/gzoWUIMihBplq3+NXpKZIIKi3h2Jh24Mc2TLG2jHA6KXQSQ2NMRnhA2w4lFtSE6ezqCTpxTg/1lXZPWjRzf0+kWBgzFpHrFNgOzWJtav5Xaye2fxGmTMaJpZLMF/UTjqxC0whQj2lKLB87wEQzdysiQ6wxsS6oggshWPzyMjTOKoHjW79UvcriyMMRHEMZAjiHKtxADepAQMMzvMKb9+i9eO/ex7w152Uzh/BH3ucPHSOSOw==</latexit>

(Alice)
<latexit sha1_base64="zGVHhVOeeO7KVHBPZkikl0oTjbk=">AAAB9XicbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFl1Y3LCvYCnbFk0kwbmmSGJKOWoe/hRlARt76LO9/G9LLQ1h8CH/85h3Pyhwln2rjut7O0vLK6tp7byG9ube/sFvb2GzpOFaF1EvNYtUKsKWeS1g0znLYSRbEIOW2Gg6txvXlPlWaxvDXDhAYC9ySLGMHGWne+COPHrHzBGaHHo06h5FbcidAieDMoVYv+yQsA1DqFL78bk1RQaQjHWrc9NzFBhpVhhNNR3k81TTAZ4B5tW5RYUB1kk6tH6Mg6XRTFyj5p0MT9PZFhofVQhLZTYNPX87Wx+V+tnZroPMiYTFJDJZkuilKOTIzGEaAuU5QYPrSAiWL2VkT6WGFibFB5G4I3/+VFaJxWPMs3No1LmCoHh1CEMnhwBlW4hhrUgYCCJ3iFN+fBeXbenY9p65IzmzmAP3I+fwAvopPE</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="l3JrLK2p2txLoSRwreTaC7sW5G8=">AAAB9XicbZC7TgJBFIbP4g3xhlraTCQm2JBdGy1RG0tM5JLASmaHASbMZTMzq5IN72FjoTG2voudb+MAWyj4J5N8+c85OWf+KObMWN//9nIrq2vrG/nNwtb2zu5ecf+gYVSiCa0TxZVuRdhQziStW2Y5bcWaYhFx2oxG19N684Fqw5S8s+OYhgIPJOszgq2z7jsiUk9p+ZIzQk8n3WLJr/gzoWUIMihBplq3+NXpKZIIKi3h2Jh24Mc2TLG2jHA6KXQSQ2NMRnhA2w4lFtSE6ezqCTpxTg/1lXZPWjRzf0+kWBgzFpHrFNgOzWJtav5Xaye2fxGmTMaJpZLMF/UTjqxC0whQj2lKLB87wEQzdysiQ6wxsS6oggshWPzyMjTOKoHjW79UvcriyMMRHEMZAjiHKtxADepAQMMzvMKb9+i9eO/ex7w152Uzh/BH3ucPHSOSOw==</latexit>

(Bob)
<latexit sha1_base64="u/4JGrPgIvkfgExKYmg53fTmNZA=">AAAB83icbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFlqRuXFewFOkPJpGkbmsuQZMQy9DXcuLCIW1/GnW9jello6w+Bj/+cwzn544QzY33/29vY3Nre2c3t5fcPDo+OCyenTaNSTWiDKK50O8aGciZpwzLLaTvRFIuY01Y8upvVW09UG6bkox0nNBJ4IFmfEWydFYYiVs9Zuabiy0m3UPIr/lxoHYIllKrF8GoKAPVu4SvsKZIKKi3h2JhO4Cc2yrC2jHA6yYepoQkmIzygHYcSC2qibH7zBF04p4f6SrsnLZq7vycyLIwZi9h1CmyHZrU2M/+rdVLbv40yJpPUUkkWi/opR1ahWQCoxzQllo8dYKKZuxWRIdaYWBdT3oUQrH55HZrXlcDxg0ujBgvl4ByKUIYAbqAK91CHBhBI4AXeYOql3qv37n0sWje85cwZ/JH3+QOoWJLl</latexit><latexit sha1_base64="g1tgCMEciILOTfdVSF+J0T///Ow=">AAAB83icbZDLSgMxFIbP1Futt6pLN6FFqAhlxo0uS924rGAv0BlKJk3b0EwyJBlxGPoW4saFIm59GXd9G9PLQlt/CHz85xzOyR/GnGnjulMnt7G5tb2T3y3s7R8cHhWPT1paJorQJpFcqk6INeVM0KZhhtNOrCiOQk7b4fh2Vm8/UqWZFA8mjWkQ4aFgA0awsZbvR6F8yip1GV5MesWyW3XnQuvgLaFcK/mXz9Na2ugVv/2+JElEhSEca9313NgEGVaGEU4nBT/RNMZkjIe0a1HgiOogm988QefW6aOBVPYJg+bu74kMR1qnUWg7I2xGerU2M/+rdRMzuAkyJuLEUEEWiwYJR0aiWQCozxQlhqcWMFHM3orICCtMjI2pYEPwVr+8Dq2rqmf53qZRh4XycAYlqIAH11CDO2hAEwjE8AJv8O4kzqvz4XwuWnPOcuYU/sj5+gGxwpRr</latexit><latexit sha1_base64="g1tgCMEciILOTfdVSF+J0T///Ow=">AAAB83icbZDLSgMxFIbP1Futt6pLN6FFqAhlxo0uS924rGAv0BlKJk3b0EwyJBlxGPoW4saFIm59GXd9G9PLQlt/CHz85xzOyR/GnGnjulMnt7G5tb2T3y3s7R8cHhWPT1paJorQJpFcqk6INeVM0KZhhtNOrCiOQk7b4fh2Vm8/UqWZFA8mjWkQ4aFgA0awsZbvR6F8yip1GV5MesWyW3XnQuvgLaFcK/mXz9Na2ugVv/2+JElEhSEca9313NgEGVaGEU4nBT/RNMZkjIe0a1HgiOogm988QefW6aOBVPYJg+bu74kMR1qnUWg7I2xGerU2M/+rdRMzuAkyJuLEUEEWiwYJR0aiWQCozxQlhqcWMFHM3orICCtMjI2pYEPwVr+8Dq2rqmf53qZRh4XycAYlqIAH11CDO2hAEwjE8AJv8O4kzqvz4XwuWnPOcuYU/sj5+gGxwpRr</latexit><latexit sha1_base64="7kJxwOGLDt3DbAbasg72vaRXwvk=">AAAB83icbZC7SgNBFIbPxluMt6ilzWAQYhN2bbQMsbGMYC6QXcLsZJIMmcsyMyuGJa9hY6GIrS9j59s4SbbQxB8GPv5zDufMHyecGev7315hY3Nre6e4W9rbPzg8Kh+ftI1KNaEtorjS3RgbypmkLcssp91EUyxiTjvx5HZe7zxSbZiSD3aa0EjgkWRDRrB1VhiKWD1l1YaKL2f9csWv+QuhdQhyqECuZr/8FQ4USQWVlnBsTC/wExtlWFtGOJ2VwtTQBJMJHtGeQ4kFNVG2uHmGLpwzQEOl3ZMWLdzfExkWxkxF7DoFtmOzWpub/9V6qR3eRBmTSWqpJMtFw5Qjq9A8ADRgmhLLpw4w0czdisgYa0ysi6nkQghWv7wO7ata4Pjer9QbeRxFOINzqEIA11CHO2hCCwgk8Ayv8Oal3ov37n0sWwtePnMKf+R9/gCV2ZFc</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$1
<latexit sha1_base64="ZH8rrPVyozenSSRxTTvcyM8bFfg="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="Vt8XPCKg1WHoiGHsD/eXx9zDktc="></latexit><latexit sha1_base64="BtHRZdY8UjeraabLjTbtX9jaTBc=">AAACLnicbVDLSgMxFM34tr6qLt0Eq+BCyowIuiw+0KWCfUCnlEx6p4ZmMkNyRyzDfJEbf0UXgoq49TNMHwu1Xkg4nHvOvckJEikMuu6rMzU9Mzs3v7BYWFpeWV0rrm/UTJxqDlUey1g3AmZACgVVFCihkWhgUSChHvROB/36HWgjYnWD/QRaEesqEQrO0FLt4rnfgdB6h5OyM6Z7FxpA5ZnuBnnmlt196pYPB5eb+wj3OCH0d7y8XSxZwbDoJPDGoETGddUuPvudmKcRKOSSGdP03ARbGdMouIS84KcGEsZ7rAtNCxWLwLSy4e6c7lqmQ8NY26OQDtmfjoxFxvSjwCojhrfmb29A/tdrphgetzKhkhRB8dGiMJUUYzrIjnaEBo6ybwHjWti3Un7LNONoEy7YELy/X54EtYOyZ/G1W6qcjONYIFtkm+wRjxyRCrkkV6RKOHkgT+SNvDuPzovz4XyOpFPO2LNJfpXz9Q31cKhv</latexit>

$2
<latexit sha1_base64="3bLohsKynOPRLCCQ8FaUJj+0uOI="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="JuE/+ttN1+scspibC/oV1JvFnIA=">AAACLnicbVDLSgMxFM3UV62vqks3wSq4kDJTBF0WH+hSwarQKSWT3mlDM5khuSOWYb7Ijb+iC0FF3PoZprULtV5IOJx7zr3JCRIpDLrui1OYmp6ZnSvOlxYWl5ZXyqtrVyZONYcGj2WsbwJmQAoFDRQo4SbRwKJAwnXQPxr2r29BGxGrSxwk0IpYV4lQcIaWapdP/A6E1jualB0z3T/VACrPdDfIM7fq7lK3uje83NxHuMMJob9Vy9vlihWMik4CbwwqZFzn7fKT34l5GoFCLpkxTc9NsJUxjYJLyEt+aiBhvM+60LRQsQhMKxvtzum2ZTo0jLU9CumI/enIWGTMIAqsMmLYM397Q/K/XjPF8KCVCZWkCIp/LwpTSTGmw+xoR2jgKAcWMK6FfSvlPaYZR5twyYbg/f3yJLiqVT2LL9xK/XAcR5FskE2yQzyyT+rkjJyTBuHknjySV/LmPDjPzrvz8S0tOGPPOvlVzucX9vWocA==</latexit>

$2
<latexit sha1_base64="3bLohsKynOPRLCCQ8FaUJj+0uOI="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="JuE/+ttN1+scspibC/oV1JvFnIA=">AAACLnicbVDLSgMxFM3UV62vqks3wSq4kDJTBF0WH+hSwarQKSWT3mlDM5khuSOWYb7Ijb+iC0FF3PoZprULtV5IOJx7zr3JCRIpDLrui1OYmp6ZnSvOlxYWl5ZXyqtrVyZONYcGj2WsbwJmQAoFDRQo4SbRwKJAwnXQPxr2r29BGxGrSxwk0IpYV4lQcIaWapdP/A6E1jualB0z3T/VACrPdDfIM7fq7lK3uje83NxHuMMJob9Vy9vlihWMik4CbwwqZFzn7fKT34l5GoFCLpkxTc9NsJUxjYJLyEt+aiBhvM+60LRQsQhMKxvtzum2ZTo0jLU9CumI/enIWGTMIAqsMmLYM397Q/K/XjPF8KCVCZWkCIp/LwpTSTGmw+xoR2jgKAcWMK6FfSvlPaYZR5twyYbg/f3yJLiqVT2LL9xK/XAcR5FskE2yQzyyT+rkjJyTBuHknjySV/LmPDjPzrvz8S0tOGPPOvlVzucX9vWocA==</latexit>

$2
<latexit sha1_base64="3bLohsKynOPRLCCQ8FaUJj+0uOI="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="JuE/+ttN1+scspibC/oV1JvFnIA=">AAACLnicbVDLSgMxFM3UV62vqks3wSq4kDJTBF0WH+hSwarQKSWT3mlDM5khuSOWYb7Ijb+iC0FF3PoZprULtV5IOJx7zr3JCRIpDLrui1OYmp6ZnSvOlxYWl5ZXyqtrVyZONYcGj2WsbwJmQAoFDRQo4SbRwKJAwnXQPxr2r29BGxGrSxwk0IpYV4lQcIaWapdP/A6E1jualB0z3T/VACrPdDfIM7fq7lK3uje83NxHuMMJob9Vy9vlihWMik4CbwwqZFzn7fKT34l5GoFCLpkxTc9NsJUxjYJLyEt+aiBhvM+60LRQsQhMKxvtzum2ZTo0jLU9CumI/enIWGTMIAqsMmLYM397Q/K/XjPF8KCVCZWkCIp/LwpTSTGmw+xoR2jgKAcWMK6FfSvlPaYZR5twyYbg/f3yJLiqVT2LL9xK/XAcR5FskE2yQzyyT+rkjJyTBuHknjySV/LmPDjPzrvz8S0tOGPPOvlVzucX9vWocA==</latexit>

$2
<latexit sha1_base64="3bLohsKynOPRLCCQ8FaUJj+0uOI="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="EV9FOlRkvcPTeaaL/Q7D4+2AWFw="></latexit><latexit sha1_base64="JuE/+ttN1+scspibC/oV1JvFnIA=">AAACLnicbVDLSgMxFM3UV62vqks3wSq4kDJTBF0WH+hSwarQKSWT3mlDM5khuSOWYb7Ijb+iC0FF3PoZprULtV5IOJx7zr3JCRIpDLrui1OYmp6ZnSvOlxYWl5ZXyqtrVyZONYcGj2WsbwJmQAoFDRQo4SbRwKJAwnXQPxr2r29BGxGrSxwk0IpYV4lQcIaWapdP/A6E1jualB0z3T/VACrPdDfIM7fq7lK3uje83NxHuMMJob9Vy9vlihWMik4CbwwqZFzn7fKT34l5GoFCLpkxTc9NsJUxjYJLyEt+aiBhvM+60LRQsQhMKxvtzum2ZTo0jLU9CumI/enIWGTMIAqsMmLYM397Q/K/XjPF8KCVCZWkCIp/LwpTSTGmw+xoR2jgKAcWMK6FfSvlPaYZR5twyYbg/f3yJLiqVT2LL9xK/XAcR5FskE2yQzyyT+rkjJyTBuHknjySV/LmPDjPzrvz8S0tOGPPOvlVzucX9vWocA==</latexit>

P0
<latexit sha1_base64="Z1uFpXqacQObQ2/GCZGcif1CGGo=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJd6dzCZDZmfXmdlAWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JEcG1c98vJra1vbG7ltws7u3v7B8XDo4aOU0VZncYiVq0ANRNcsrrhRrBWohhGgWDNYHg79ZsjpjSP5b0ZJ8yPsC95yCkaK/mdCM2Aosiqk67bLZbcsjsDWSXegpQqJ7XvBwCodoufnV5M04hJQwVq3fbcxPgZKsOpYJNCJ9UsQTrEPmtbKjFi2s9moSfk3Co9EsbKPmnITP29kWGk9TgK7OQ0pF72puJ/Xjs14bWfcZmkhkk6PxSmgpiYTBsgPa4YNWJsCVLFbVZCB6iQGttTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAOFR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQJqT6g==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="uLqgqO1vhXp9XZ28mBldLfgsitE=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27bm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/kduVpg==</latexit><latexit sha1_base64="lv8pH7CtG3am6Gghrv7wOD1vHCg=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwP3EG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDsfOSBQ==</latexit>

P1
<latexit sha1_base64="hl0clcrLjTUDaogXRpDicxhIrxA=">AAAB9HicbVC7SgNBFL0bXzG+ooKNzWAQrMKujZZBG8sEzAOSJc5OZpMhs7PrzN1AWPIdNhaK2PoxdjZ+i5NHoYkHBg7n3Ms9c4JECoOu++Xk1tY3Nrfy24Wd3b39g+LhUcPEqWa8zmIZ61ZADZdC8ToKlLyVaE6jQPJmMLyd+s0R10bE6h7HCfcj2lciFIyilfxORHHAqMyqk67XLZbcsjsDWSXegpQqJ7XvBwCodoufnV7M0ogrZJIa0/bcBP2MahRM8kmhkxqeUDakfd62VNGIGz+bhZ6Qc6v0SBhr+xSSmfp7I6ORMeMosJPTkGbZm4r/ee0Uw2s/EypJkSs2PxSmkmBMpg2QntCcoRxbQpkWNithA6opQ9tTwZbgLX95lTQuy57lNdvGDcyRh1M4gwvw4AoqcAdVqAODR3iCF3h1Rs6z8+a8z0dzzmLnGP7A+fgBQh6T6w==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="OCuf+lvcyiGSsI6PZSzN3wfF/2w=">AAAB9HicbVDLSgMxFL1TX7W+qoIbN8EiuCozbnRZ6sZlC/YB7VAyaaYNTTJjkimUod/hxoUiLvUr/AJ3bvwWM20X2nogcDjnXu7JCWLOtHHdLye3tr6xuZXfLuzs7u0fFA+PmjpKFKENEvFItQOsKWeSNgwznLZjRbEIOG0Fo5vMb42p0iySd2YSU1/ggWQhI9hYye8KbIYE87Q27Xm9YsktuzOgVeItSKlyUv9mb9WPWq/42e1HJBFUGsKx1h3PjY2fYmUY4XRa6CaaxpiM8IB2LJVYUO2ns9BTdG6VPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2VLAleMtfXiXNy7Jned22UYU58nAKZ3ABHlxBBW6hBg0gcA8P8ATPzth5dF6c1/lozlnsHMMfOO8/k1+Vpw==</latexit><latexit sha1_base64="9zztsRDyCX53bOmv8m25/eSmTLM=">AAAB9HicbVDLSsNAFL2pr1pfVZduBovgqiRudFl047KCfUAbys100g6dTOLMpFBCv8ONC0Xc+jHu/BsnbRbaemDgcM693DMnSATXxnW/ndLG5tb2Tnm3srd/cHhUPT5p6zhVlLVoLGLVDVAzwSVrGW4E6yaKYRQI1gkmd7nfmTKleSwfzSxhfoQjyUNO0VjJ70doxhRF1pwPvEG15tbdBcg68QpSgwLNQfWrP4xpGjFpqECte56bGD9DZTgVbF7pp5olSCc4Yj1LJUZM+9ki9JxcWGVIwljZJw1ZqL83Moy0nkWBncxD6lUvF//zeqkJb/yMyyQ1TNLloTAVxMQkb4AMuWLUiJklSBW3WQkdo0JqbE8VW4K3+uV10r6qe5Y/uLXGbVFHGc7gHC7Bg2towD00oQUUnuAZXuHNmTovzrvzsRwtOcXOKfyB8/kDs3eSBg==</latexit>

P2
<latexit sha1_base64="MVuzsY1AROnVHddZgsbMGg/n1j8=">AAAB9HicbVC7SgNBFL3rM8ZXVLCxGQyCVdhNo2XQxjIB84BkibOTSTJkdnaduRsIS77DxkIRWz/GzsZvcTZJoYkHBg7n3Ms9c4JYCoOu++WsrW9sbm3ndvK7e/sHh4Wj44aJEs14nUUy0q2AGi6F4nUUKHkr1pyGgeTNYHSb+c0x10ZE6h4nMfdDOlCiLxhFK/mdkOKQUZlWp91yt1B0S+4MZJV4C1KsnNa+HwCg2i18dnoRS0KukElqTNtzY/RTqlEwyaf5TmJ4TNmIDnjbUkVDbvx0FnpKLqzSI/1I26eQzNTfGykNjZmEgZ3MQpplLxP/89oJ9q/9VKg4Qa7Y/FA/kQQjkjVAekJzhnJiCWVa2KyEDammDG1PeVuCt/zlVdIolzzLa7aNG5gjB2dwDpfgwRVU4A6qUAcGj/AEL/DqjJ1n5815n4+uOYudE/gD5+MHQ6KT7A==</latexit><latexit sha1_base64="dvHrL9IGlTM0gelu1X6hfbeVOp8=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2WmG12WunHZgn1AO5RMmmlDk8yYZApl6He4caGIS/0Kv8CdG7/FTNuFth4IHM65l3tygpgzbVz3y1lb39jc2s7t5Hf39g8OC0fHTR0litAGiXik2gHWlDNJG4YZTtuxolgEnLaC0U3mt8ZUaRbJOzOJqS/wQLKQEWys5HcFNkOCeVqb9sq9QtEtuTOgVeItSLFyWv9mb9WPWq/w2e1HJBFUGsKx1h3PjY2fYmUY4XSa7yaaxpiM8IB2LJVYUO2ns9BTdGGVPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2lLcleMtfXiXNcsmzvG7bqMIcOTiDc7gED66gArdQgwYQuIcHeIJnZ+w8Oi/O63x0zVnsnMAfOO8/lOOVqA==</latexit><latexit sha1_base64="dvHrL9IGlTM0gelu1X6hfbeVOp8=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2WmG12WunHZgn1AO5RMmmlDk8yYZApl6He4caGIS/0Kv8CdG7/FTNuFth4IHM65l3tygpgzbVz3y1lb39jc2s7t5Hf39g8OC0fHTR0litAGiXik2gHWlDNJG4YZTtuxolgEnLaC0U3mt8ZUaRbJOzOJqS/wQLKQEWys5HcFNkOCeVqb9sq9QtEtuTOgVeItSLFyWv9mb9WPWq/w2e1HJBFUGsKx1h3PjY2fYmUY4XSa7yaaxpiM8IB2LJVYUO2ns9BTdGGVPgojZZ80aKb+3kix0HoiAjuZhdTLXib+53USE177KZNxYqgk80NhwpGJUNYA6jNFieETSzBRzGZFZIgVJsb2lLcleMtfXiXNcsmzvG7bqMIcOTiDc7gED66gArdQgwYQuIcHeIJnZ+w8Oi/O63x0zVnsnMAfOO8/lOOVqA==</latexit><latexit sha1_base64="v1WLhPsBMAiPluFZaquvN9N5vgs=">AAAB9HicbVBNT8JAFHzFL8Qv1KOXjcTEE2m56JHoxSMmAibQkO2yhQ3bbd19JSENv8OLB43x6o/x5r9xCz0oOMkmk5n38mYnSKQw6LrfTmljc2t7p7xb2ds/ODyqHp90TJxqxtsslrF+DKjhUijeRoGSPyaa0yiQvBtMbnO/O+XaiFg94CzhfkRHSoSCUbSS348ojhmVWWs+aAyqNbfuLkDWiVeQGhRoDapf/WHM0ogrZJIa0/PcBP2MahRM8nmlnxqeUDahI96zVNGIGz9bhJ6TC6sMSRhr+xSShfp7I6ORMbMosJN5SLPq5eJ/Xi/F8NrPhEpS5IotD4WpJBiTvAEyFJozlDNLKNPCZiVsTDVlaHuq2BK81S+vk06j7ll+79aaN0UdZTiDc7gED66gCXfQgjYweIJneIU3Z+q8OO/Ox3K05BQ7p/AHzucPtPuSBw==</latexit>

P3
<latexit sha1_base64="iOtgcT8HWpd5n0xhmXiExeBShTE=">AAAB9HicbVC7SgNBFL3rM8ZXVLCxGQyCVdjVQsugjWUC5gHJEu9OZpMhs7PrzGwgLPkOGwtFbP0YOxu/xcmj0MQDA4dz7uWeOUEiuDau++WsrK6tb2zmtvLbO7t7+4WDw7qOU0VZjcYiVs0ANRNcsprhRrBmohhGgWCNYHA78RtDpjSP5b0ZJcyPsCd5yCkaK/ntCE2fosgq485lp1B0S+4UZJl4c1IsH1e/HwCg0il8trsxTSMmDRWodctzE+NnqAyngo3z7VSzBOkAe6xlqcSIaT+bhh6TM6t0SRgr+6QhU/X3RoaR1qMosJOTkHrRm4j/ea3UhNd+xmWSGibp7FCYCmJiMmmAdLli1IiRJUgVt1kJ7aNCamxPeVuCt/jlZVK/KHmWV20bNzBDDk7gFM7Bgysowx1UoAYUHuEJXuDVGTrPzpvzPhtdceY7R/AHzscPRSaT7Q==</latexit><latexit sha1_base64="uzJYxMQjMO1nf208LppU20N538s=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2VGF7osdeOyBfuAdiiZNNOGJpkxyRTK0O9w40IRl/oVfoE7N36LmbYLbT0QOJxzL/fkBDFn2rjul7Oyura+sZnbym/v7O7tFw4OGzpKFKF1EvFItQKsKWeS1g0znLZiRbEIOG0Gw5vMb46o0iySd2YcU1/gvmQhI9hYye8IbAYE87Q66V52C0W35E6Blok3J8Xyce2bvVU+qt3CZ6cXkURQaQjHWrc9NzZ+ipVhhNNJvpNoGmMyxH3atlRiQbWfTkNP0JlVeiiMlH3SoKn6eyPFQuuxCOxkFlIvepn4n9dOTHjtp0zGiaGSzA6FCUcmQlkDqMcUJYaPLcFEMZsVkQFWmBjbU96W4C1+eZk0Lkqe5TXbRgVmyMEJnMI5eHAFZbiFKtSBwD08wBM8OyPn0XlxXmejK8585wj+wHn/AZZnlak=</latexit><latexit sha1_base64="uzJYxMQjMO1nf208LppU20N538s=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2VGF7osdeOyBfuAdiiZNNOGJpkxyRTK0O9w40IRl/oVfoE7N36LmbYLbT0QOJxzL/fkBDFn2rjul7Oyura+sZnbym/v7O7tFw4OGzpKFKF1EvFItQKsKWeS1g0znLZiRbEIOG0Gw5vMb46o0iySd2YcU1/gvmQhI9hYye8IbAYE87Q66V52C0W35E6Blok3J8Xyce2bvVU+qt3CZ6cXkURQaQjHWrc9NzZ+ipVhhNNJvpNoGmMyxH3atlRiQbWfTkNP0JlVeiiMlH3SoKn6eyPFQuuxCOxkFlIvepn4n9dOTHjtp0zGiaGSzA6FCUcmQlkDqMcUJYaPLcFEMZsVkQFWmBjbU96W4C1+eZk0Lkqe5TXbRgVmyMEJnMI5eHAFZbiFKtSBwD08wBM8OyPn0XlxXmejK8585wj+wHn/AZZnlak=</latexit><latexit sha1_base64="cq6qb6SsZKUePP4XMzedDqeoCDI=">AAAB9HicbVDLSsNAFL3xWeur6tLNYBFclUQXuiy6cVnBPqANZTKdtEMnkzhzUyih3+HGhSJu/Rh3/o2TNgttPTBwOOde7pkTJFIYdN1vZ219Y3Nru7RT3t3bPzisHB23TJxqxpsslrHuBNRwKRRvokDJO4nmNAokbwfju9xvT7g2IlaPOE24H9GhEqFgFK3k9yKKI0Zl1pj1r/qVqltz5yCrxCtIFQo0+pWv3iBmacQVMkmN6Xpugn5GNQom+azcSw1PKBvTIe9aqmjEjZ/NQ8/IuVUGJIy1fQrJXP29kdHImGkU2Mk8pFn2cvE/r5tieONnQiUpcsUWh8JUEoxJ3gAZCM0ZyqkllGlhsxI2opoytD2VbQne8pdXSeuy5ln+4Fbrt0UdJTiFM7gAD66hDvfQgCYweIJneIU3Z+K8OO/Ox2J0zSl2TuAPnM8ftn+SCA==</latexit>

P4
<latexit sha1_base64="JiqrEsxrPecX5aw7p3R71YEuUsU=">AAAB9HicbVC7SgNBFL3rM8ZXVLCxGQyCVdgVQcugjWUC5gHJEu9OZpMhs7PrzGwgLPkOGwtFbP0YOxu/xcmj0MQDA4dz7uWeOUEiuDau++WsrK6tb2zmtvLbO7t7+4WDw7qOU0VZjcYiVs0ANRNcsprhRrBmohhGgWCNYHA78RtDpjSP5b0ZJcyPsCd5yCkaK/ntCE2fosgq485lp1B0S+4UZJl4c1IsH1e/HwCg0il8trsxTSMmDRWodctzE+NnqAyngo3z7VSzBOkAe6xlqcSIaT+bhh6TM6t0SRgr+6QhU/X3RoaR1qMosJOTkHrRm4j/ea3UhNd+xmWSGibp7FCYCmJiMmmAdLli1IiRJUgVt1kJ7aNCamxPeVuCt/jlZVK/KHmWV20bNzBDDk7gFM7Bgysowx1UoAYUHuEJXuDVGTrPzpvzPhtdceY7R/AHzscPRqqT7g==</latexit><latexit sha1_base64="LUfWvRSob+XuuR2BB2YgXzPxj3s=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2VGBF2WunHZgn1AO5RMmmlDk8yYZApl6He4caGIS/0Kv8CdG7/FTNuFth4IHM65l3tygpgzbVz3y1lZXVvf2Mxt5bd3dvf2CweHDR0litA6iXikWgHWlDNJ64YZTluxolgEnDaD4U3mN0dUaRbJOzOOqS9wX7KQEWys5HcENgOCeVqddC+7haJbcqdAy8Sbk2L5uPbN3iof1W7hs9OLSCKoNIRjrdueGxs/xcowwukk30k0jTEZ4j5tWyqxoNpPp6En6MwqPRRGyj5p0FT9vZFiofVYBHYyC6kXvUz8z2snJrz2UybjxFBJZofChCMToawB1GOKEsPHlmCimM2KyAArTIztKW9L8Ba/vEwaFyXP8pptowIz5OAETuEcPLiCMtxCFepA4B4e4AmenZHz6Lw4r7PRFWe+cwR/4Lz/AJfrlao=</latexit><latexit sha1_base64="LUfWvRSob+XuuR2BB2YgXzPxj3s=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2VGBF2WunHZgn1AO5RMmmlDk8yYZApl6He4caGIS/0Kv8CdG7/FTNuFth4IHM65l3tygpgzbVz3y1lZXVvf2Mxt5bd3dvf2CweHDR0litA6iXikWgHWlDNJ64YZTluxolgEnDaD4U3mN0dUaRbJOzOOqS9wX7KQEWys5HcENgOCeVqddC+7haJbcqdAy8Sbk2L5uPbN3iof1W7hs9OLSCKoNIRjrdueGxs/xcowwukk30k0jTEZ4j5tWyqxoNpPp6En6MwqPRRGyj5p0FT9vZFiofVYBHYyC6kXvUz8z2snJrz2UybjxFBJZofChCMToawB1GOKEsPHlmCimM2KyAArTIztKW9L8Ba/vEwaFyXP8pptowIz5OAETuEcPLiCMtxCFepA4B4e4AmenZHz6Lw4r7PRFWe+cwR/4Lz/AJfrlao=</latexit><latexit sha1_base64="CPmEQSSIGSk0Zg/UEDJ+QYNcWl8=">AAAB9HicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbduKxgH9CGMplO2qGTSZy5KZTQ73DjQhG3fow7/8ZJm4W2Hhg4nHMv98wJEikMuu63s7a+sbm1Xdop7+7tHxxWjo5bJk41400Wy1h3Amq4FIo3UaDknURzGgWSt4PxXe63J1wbEatHnCbcj+hQiVAwilbyexHFEaMya8z6V/1K1a25c5BV4hWkCgUa/cpXbxCzNOIKmaTGdD03QT+jGgWTfFbupYYnlI3pkHctVTTixs/moWfk3CoDEsbaPoVkrv7eyGhkzDQK7GQe0ix7ufif100xvPEzoZIUuWKLQ2EqCcYkb4AMhOYM5dQSyrSwWQkbUU0Z2p7KtgRv+curpHVZ8yx/cKv126KOEpzCGVyAB9dQh3toQBMYPMEzvMKbM3FenHfnYzG65hQ7J/AHzucPuAOSCQ==</latexit>

P5
<latexit sha1_base64="mERgUoQv/4G31JVAHVqOzkE/8dQ=">AAAB9HicbVC7SgNBFL3rM8ZXVLCxGQyCVdgVRMugjWUC5gHJEu9OZpMhs7PrzGwgLPkOGwtFbP0YOxu/xcmj0MQDA4dz7uWeOUEiuDau++WsrK6tb2zmtvLbO7t7+4WDw7qOU0VZjcYiVs0ANRNcsprhRrBmohhGgWCNYHA78RtDpjSP5b0ZJcyPsCd5yCkaK/ntCE2fosgq485lp1B0S+4UZJl4c1IsH1e/HwCg0il8trsxTSMmDRWodctzE+NnqAyngo3z7VSzBOkAe6xlqcSIaT+bhh6TM6t0SRgr+6QhU/X3RoaR1qMosJOTkHrRm4j/ea3UhNd+xmWSGibp7FCYCmJiMmmAdLli1IiRJUgVt1kJ7aNCamxPeVuCt/jlZVK/KHmWV20bNzBDDk7gFM7Bgysowx1UoAYUHuEJXuDVGTrPzpvzPhtdceY7R/AHzscPSC6T7w==</latexit><latexit sha1_base64="wrT6uiiQwt33etuy9G0vs3iF5dU=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2VGEF2WunHZgn1AO5RMmmlDk8yYZApl6He4caGIS/0Kv8CdG7/FTNuFth4IHM65l3tygpgzbVz3y1lZXVvf2Mxt5bd3dvf2CweHDR0litA6iXikWgHWlDNJ64YZTluxolgEnDaD4U3mN0dUaRbJOzOOqS9wX7KQEWys5HcENgOCeVqddC+7haJbcqdAy8Sbk2L5uPbN3iof1W7hs9OLSCKoNIRjrdueGxs/xcowwukk30k0jTEZ4j5tWyqxoNpPp6En6MwqPRRGyj5p0FT9vZFiofVYBHYyC6kXvUz8z2snJrz2UybjxFBJZofChCMToawB1GOKEsPHlmCimM2KyAArTIztKW9L8Ba/vEwaFyXP8pptowIz5OAETuEcPLiCMtxCFepA4B4e4AmenZHz6Lw4r7PRFWe+cwR/4Lz/AJlvlas=</latexit><latexit sha1_base64="wrT6uiiQwt33etuy9G0vs3iF5dU=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2VGEF2WunHZgn1AO5RMmmlDk8yYZApl6He4caGIS/0Kv8CdG7/FTNuFth4IHM65l3tygpgzbVz3y1lZXVvf2Mxt5bd3dvf2CweHDR0litA6iXikWgHWlDNJ64YZTluxolgEnDaD4U3mN0dUaRbJOzOOqS9wX7KQEWys5HcENgOCeVqddC+7haJbcqdAy8Sbk2L5uPbN3iof1W7hs9OLSCKoNIRjrdueGxs/xcowwukk30k0jTEZ4j5tWyqxoNpPp6En6MwqPRRGyj5p0FT9vZFiofVYBHYyC6kXvUz8z2snJrz2UybjxFBJZofChCMToawB1GOKEsPHlmCimM2KyAArTIztKW9L8Ba/vEwaFyXP8pptowIz5OAETuEcPLiCMtxCFepA4B4e4AmenZHz6Lw4r7PRFWe+cwR/4Lz/AJlvlas=</latexit><latexit sha1_base64="Bs/FAs7xCVacDrK6ZMnxkfuSqgk=">AAAB9HicbVDLSsNAFL3xWeur6tLNYBFclUQQXRbduKxgH9CGMplO2qGTSZy5KZTQ73DjQhG3fow7/8ZJm4W2Hhg4nHMv98wJEikMuu63s7a+sbm1Xdop7+7tHxxWjo5bJk41400Wy1h3Amq4FIo3UaDknURzGgWSt4PxXe63J1wbEatHnCbcj+hQiVAwilbyexHFEaMya8z6V/1K1a25c5BV4hWkCgUa/cpXbxCzNOIKmaTGdD03QT+jGgWTfFbupYYnlI3pkHctVTTixs/moWfk3CoDEsbaPoVkrv7eyGhkzDQK7GQe0ix7ufif100xvPEzoZIUuWKLQ2EqCcYkb4AMhOYM5dQSyrSwWQkbUU0Z2p7KtgRv+curpHVZ8yx/cKv126KOEpzCGVyAB9dQh3toQBMYPMEzvMKbM3FenHfnYzG65hQ7J/AHzucPuYeSCg==</latexit>

P6
<latexit sha1_base64="K1mBD/rRsakNhhc9Z88gE1ZXT30=">AAAB9HicbVC7SgNBFL3rM8ZXVLCxGQyCVdi1UMugjWUC5gHJEu9OZpMhs7PrzGwgLPkOGwtFbP0YOxu/xcmj0MQDA4dz7uWeOUEiuDau++WsrK6tb2zmtvLbO7t7+4WDw7qOU0VZjcYiVs0ANRNcsprhRrBmohhGgWCNYHA78RtDpjSP5b0ZJcyPsCd5yCkaK/ntCE2fosgq485lp1B0S+4UZJl4c1IsH1e/HwCg0il8trsxTSMmDRWodctzE+NnqAyngo3z7VSzBOkAe6xlqcSIaT+bhh6TM6t0SRgr+6QhU/X3RoaR1qMosJOTkHrRm4j/ea3UhNd+xmWSGibp7FCYCmJiMmmAdLli1IiRJUgVt1kJ7aNCamxPeVuCt/jlZVK/KHmWV20bNzBDDk7gFM7Bgysowx1UoAYUHuEJXuDVGTrPzpvzPhtdceY7R/AHzscPSbKT8A==</latexit><latexit sha1_base64="DYJHS424N+AdkvF3A6l+J/wci+g=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2XGhbosdeOyBfuAdiiZNNOGJpkxyRTK0O9w40IRl/oVfoE7N36LmbYLbT0QOJxzL/fkBDFn2rjul7Oyura+sZnbym/v7O7tFw4OGzpKFKF1EvFItQKsKWeS1g0znLZiRbEIOG0Gw5vMb46o0iySd2YcU1/gvmQhI9hYye8IbAYE87Q66V52C0W35E6Blok3J8Xyce2bvVU+qt3CZ6cXkURQaQjHWrc9NzZ+ipVhhNNJvpNoGmMyxH3atlRiQbWfTkNP0JlVeiiMlH3SoKn6eyPFQuuxCOxkFlIvepn4n9dOTHjtp0zGiaGSzA6FCUcmQlkDqMcUJYaPLcFEMZsVkQFWmBjbU96W4C1+eZk0Lkqe5TXbRgVmyMEJnMI5eHAFZbiFKtSBwD08wBM8OyPn0XlxXmejK8585wj+wHn/AZrzlaw=</latexit><latexit sha1_base64="DYJHS424N+AdkvF3A6l+J/wci+g=">AAAB9HicbVDLSgMxFL3js9ZXVXDjJlgEV2XGhbosdeOyBfuAdiiZNNOGJpkxyRTK0O9w40IRl/oVfoE7N36LmbYLbT0QOJxzL/fkBDFn2rjul7Oyura+sZnbym/v7O7tFw4OGzpKFKF1EvFItQKsKWeS1g0znLZiRbEIOG0Gw5vMb46o0iySd2YcU1/gvmQhI9hYye8IbAYE87Q66V52C0W35E6Blok3J8Xyce2bvVU+qt3CZ6cXkURQaQjHWrc9NzZ+ipVhhNNJvpNoGmMyxH3atlRiQbWfTkNP0JlVeiiMlH3SoKn6eyPFQuuxCOxkFlIvepn4n9dOTHjtp0zGiaGSzA6FCUcmQlkDqMcUJYaPLcFEMZsVkQFWmBjbU96W4C1+eZk0Lkqe5TXbRgVmyMEJnMI5eHAFZbiFKtSBwD08wBM8OyPn0XlxXmejK8585wj+wHn/AZrzlaw=</latexit><latexit sha1_base64="tLgghYo28pcEsBLVvxBMDOIxMjQ=">AAAB9HicbVDLSsNAFL3xWeur6tLNYBFclcSFuiy6cVnBPqANZTKdtEMnkzhzUyih3+HGhSJu/Rh3/o2TNgttPTBwOOde7pkTJFIYdN1vZ219Y3Nru7RT3t3bPzisHB23TJxqxpsslrHuBNRwKRRvokDJO4nmNAokbwfju9xvT7g2IlaPOE24H9GhEqFgFK3k9yKKI0Zl1pj1r/qVqltz5yCrxCtIFQo0+pWv3iBmacQVMkmN6Xpugn5GNQom+azcSw1PKBvTIe9aqmjEjZ/NQ8/IuVUGJIy1fQrJXP29kdHImGkU2Mk8pFn2cvE/r5tieONnQiUpcsUWh8JUEoxJ3gAZCM0ZyqkllGlhsxI2opoytD2VbQne8pdXSeuy5ln+4Fbrt0UdJTiFM7gAD66hDvfQgCYweIJneIU3Z+K8OO/Ox2J0zSl2TuAPnM8fuwuSCw==</latexit>

P7
<latexit sha1_base64="VHEQw+vOk7aPXC5lHZTKn84G98I=">AAAB+HicbVC7TsMwFL0pr1IeDTCyWLRITFXSpYwVLIxFog+pjSLHdVqrjhPZDlKJ+iUsDCDEyqew8Tc4bQZoOZKlo3Pu1T0+QcKZ0o7zbZW2tnd298r7lYPDo+OqfXLaU3EqCe2SmMdyEGBFORO0q5nmdJBIiqOA034wu839/iOVisXiQc8T6kV4IljICNZG8u1qfRRhPSWYZ52F36r7ds1pOEugTeIWpAYFOr79NRrHJI2o0IRjpYauk2gvw1IzwumiMkoVTTCZ4QkdGipwRJWXLYMv0KVRxiiMpXlCo6X6eyPDkVLzKDCTeUq17uXif94w1eG1lzGRpJoKsjoUphzpGOUtoDGTlGg+NwQTyUxWRKZYYqJNVxVTgrv+5U3SazZcw++btfZNUUcZzuECrsCFFrThDjrQBQIpPMMrvFlP1ov1bn2sRktWsXMGf2B9/gDzGZKb</latexit><latexit sha1_base64="VHEQw+vOk7aPXC5lHZTKn84G98I=">AAAB+HicbVC7TsMwFL0pr1IeDTCyWLRITFXSpYwVLIxFog+pjSLHdVqrjhPZDlKJ+iUsDCDEyqew8Tc4bQZoOZKlo3Pu1T0+QcKZ0o7zbZW2tnd298r7lYPDo+OqfXLaU3EqCe2SmMdyEGBFORO0q5nmdJBIiqOA034wu839/iOVisXiQc8T6kV4IljICNZG8u1qfRRhPSWYZ52F36r7ds1pOEugTeIWpAYFOr79NRrHJI2o0IRjpYauk2gvw1IzwumiMkoVTTCZ4QkdGipwRJWXLYMv0KVRxiiMpXlCo6X6eyPDkVLzKDCTeUq17uXif94w1eG1lzGRpJoKsjoUphzpGOUtoDGTlGg+NwQTyUxWRKZYYqJNVxVTgrv+5U3SazZcw++btfZNUUcZzuECrsCFFrThDjrQBQIpPMMrvFlP1ov1bn2sRktWsXMGf2B9/gDzGZKb</latexit><latexit sha1_base64="VHEQw+vOk7aPXC5lHZTKn84G98I=">AAAB+HicbVC7TsMwFL0pr1IeDTCyWLRITFXSpYwVLIxFog+pjSLHdVqrjhPZDlKJ+iUsDCDEyqew8Tc4bQZoOZKlo3Pu1T0+QcKZ0o7zbZW2tnd298r7lYPDo+OqfXLaU3EqCe2SmMdyEGBFORO0q5nmdJBIiqOA034wu839/iOVisXiQc8T6kV4IljICNZG8u1qfRRhPSWYZ52F36r7ds1pOEugTeIWpAYFOr79NRrHJI2o0IRjpYauk2gvw1IzwumiMkoVTTCZ4QkdGipwRJWXLYMv0KVRxiiMpXlCo6X6eyPDkVLzKDCTeUq17uXif94w1eG1lzGRpJoKsjoUphzpGOUtoDGTlGg+NwQTyUxWRKZYYqJNVxVTgrv+5U3SazZcw++btfZNUUcZzuECrsCFFrThDjrQBQIpPMMrvFlP1ov1bn2sRktWsXMGf2B9/gDzGZKb</latexit><latexit sha1_base64="VHEQw+vOk7aPXC5lHZTKn84G98I=">AAAB+HicbVC7TsMwFL0pr1IeDTCyWLRITFXSpYwVLIxFog+pjSLHdVqrjhPZDlKJ+iUsDCDEyqew8Tc4bQZoOZKlo3Pu1T0+QcKZ0o7zbZW2tnd298r7lYPDo+OqfXLaU3EqCe2SmMdyEGBFORO0q5nmdJBIiqOA034wu839/iOVisXiQc8T6kV4IljICNZG8u1qfRRhPSWYZ52F36r7ds1pOEugTeIWpAYFOr79NRrHJI2o0IRjpYauk2gvw1IzwumiMkoVTTCZ4QkdGipwRJWXLYMv0KVRxiiMpXlCo6X6eyPDkVLzKDCTeUq17uXif94w1eG1lzGRpJoKsjoUphzpGOUtoDGTlGg+NwQTyUxWRKZYYqJNVxVTgrv+5U3SazZcw++btfZNUUcZzuECrsCFFrThDjrQBQIpPMMrvFlP1ov1bn2sRktWsXMGf2B9/gDzGZKb</latexit>

(Alice)
<latexit sha1_base64="zGVHhVOeeO7KVHBPZkikl0oTjbk=">AAAB9XicbZDLSgMxFIbPeK31VnXpJrQIFaHMuNFl1Y3LCvYCnbFk0kwbmmSGJKOWoe/hRlARt76LO9/G9LLQ1h8CH/85h3Pyhwln2rjut7O0vLK6tp7byG9ube/sFvb2GzpOFaF1EvNYtUKsKWeS1g0znLYSRbEIOW2Gg6txvXlPlWaxvDXDhAYC9ySLGMHGWne+COPHrHzBGaHHo06h5FbcidAieDMoVYv+yQsA1DqFL78bk1RQaQjHWrc9NzFBhpVhhNNR3k81TTAZ4B5tW5RYUB1kk6tH6Mg6XRTFyj5p0MT9PZFhofVQhLZTYNPX87Wx+V+tnZroPMiYTFJDJZkuilKOTIzGEaAuU5QYPrSAiWL2VkT6WGFibFB5G4I3/+VFaJxWPMs3No1LmCoHh1CEMnhwBlW4hhrUgYCCJ3iFN+fBeXbenY9p65IzmzmAP3I+fwAvopPE</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="XvX/sBRzv0UyEgjWHawlJgXFy4o=">AAAB9XicbZDLSgMxFIYz9VbrrerSTWgRKkKZcaPLqhuXFewFOmPJpJk2NJchyajD0Ldw4caFIm59F3d9G9PLQlt/CHz85xzOyR/GjGrjumMnt7K6tr6R3yxsbe/s7hX3D5paJgqTBpZMqnaINGFUkIahhpF2rAjiISOtcHg9qbceiNJUijuTxiTgqC9oRDEy1rr3eSifssolo5icjLrFslt1p4LL4M2hXCv5p8/jWlrvFr/9nsQJJ8JghrTueG5sggwpQzEjo4KfaBIjPER90rEoECc6yKZXj+CxdXowkso+YeDU/T2RIa51ykPbyZEZ6MXaxPyv1klMdBFkVMSJIQLPFkUJg0bCSQSwRxXBhqUWEFbU3grxACmEjQ2qYEPwFr+8DM2zqmf51qZxBWbKgyNQAhXggXNQAzegDhoAAwVewBt4dx6dV+fD+Zy15pz5zCH4I+frBzkMlUo=</latexit><latexit sha1_base64="l3JrLK2p2txLoSRwreTaC7sW5G8=">AAAB9XicbZC7TgJBFIbP4g3xhlraTCQm2JBdGy1RG0tM5JLASmaHASbMZTMzq5IN72FjoTG2voudb+MAWyj4J5N8+c85OWf+KObMWN//9nIrq2vrG/nNwtb2zu5ecf+gYVSiCa0TxZVuRdhQziStW2Y5bcWaYhFx2oxG19N684Fqw5S8s+OYhgIPJOszgq2z7jsiUk9p+ZIzQk8n3WLJr/gzoWUIMihBplq3+NXpKZIIKi3h2Jh24Mc2TLG2jHA6KXQSQ2NMRnhA2w4lFtSE6ezqCTpxTg/1lXZPWjRzf0+kWBgzFpHrFNgOzWJtav5Xaye2fxGmTMaJpZLMF/UTjqxC0whQj2lKLB87wEQzdysiQ6wxsS6oggshWPzyMjTOKoHjW79UvcriyMMRHEMZAjiHKtxADepAQMMzvMKb9+i9eO/ex7w152Uzh/BH3ucPHSOSOw==</latexit>

Figure 4: A binary option with payout slates π0 and π1. Payout slate π0 pays $4 to
Alice, while π1 pays $1 to Alice and $3 to Bob. Making payouts at dollar granularity,
i.e., making four payouts of $1 each, makes confidential with respect to external
players and O the amounts received by Alice and Bob.

profit of $2, while Bob loses $2. If s = 1, then Bob receives $3; thus Bob makes a
profit of $1, while Alice loses $1. To put it another way, the profit / loss profile of
the instrument is (Alice, Bob) ←

(
(+$2,−$2), (−$1,+$1)

)
. Bob is taking a riskier

position than Alice.
From the point of view of an external player or O, though, other non-trivial,

dollar-granularity profit/loss profiles are equally viable. It is equally plausible that
Alice is taking the riskier position (Alice, Bob) ←

(
(−$2,+$2), (+$1,−$1)

)
, or the

two players could be assuming equal risk with symmetric positions, e.g., (Alice, Bob)
←
(
(−$2,+$2), (+$2,−$2)

)
.

In general, payout slates are especially easy to work in the two-player Mixicle
setting because of two special properties: internal transparency and theft-proofness.

• Internal transparency: In a two-player Mixicle, Alice knows that any input
payments not output to her must have gone to Bob. So Bob has no secrets
from Alice, and vice versa. We capture this idea by saying that Mixicle is
internally transparent.

If there were three players, Alice, Bob, and Carol, then internal confidentiality,
instead of internal transparency, would be desirable. For example, Alice and
Bob might want to keep private from Carol which of the two of them received
funds from the Mixicle. (We are currently exploring such generalizations.)

Because of its internal transparency, there is no loss in confidentiality if both
Alice and Bob learn the payout slate in a Mixicle.

• Theft-proofness: Alice and Bob cannot specify a Mixicle payout slate that de-
frauds the other player. This is simply because they both agree to the slate.
Additionally, they cannot defraud any other player, since they are the only
players providing funds to M.
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Thanks to these two properties, to execute a Mixicle fairly and securely, Alice
and Bob just have to agree between themselves on switch and Mixicle’s payout slates.
Thus a binary financial instrument can be defined by a switch with specification S,
and a pair of payout slates ~π = (π0, π1), with $π0 = $π1. On receiving oracle input
s = switch(x), the Mixicle contract M allows withdrawals against payout slate πs.

A sketch of SIMI-PS is shown in Fig. 5. The protocol includes another small
enhancement not in SIMI, an explicit deadline tsetup on players’ commitments to funds
distinct from the timeout treport. This is because in practice, it may be desirable for
tsetup to expire relatively quickly—with committed funds being refunded well before
time treport, should one player be faulty.

Payout Slates with Perfect Payout Privacy. As we have seen, how a payout
slate is constructed critically determines how much information about payout amounts
a Mixicle leaks to external players and O. Using a large n in payout slates can help
provide privacy for payout amounts, but results in high gas costs in Ethereum.

Here we show how to construct an efficient payout slate π, i.e., with small n,
that has what we call perfect payout privacy, i.e., it reveals no information about
payouts beyond the aggregate amount $π. We show how to do this for $1-granularity
contracts, but our techniques can be generalized to any granularity. Viewed another
way, our construction achieves confidentiality as strong as the “one dollar ($1), one
payment” approach exemplified in Fig. 4. The construction we now show achieves
n ≤ dlog2 $πe.

Suppose for simplicity that for payout slate π, we have $π = $2i − 1. Writing the

binary representation $π =
`︷ ︸︸ ︷

11 . . . 1 shows that $π =
∑`−1

i=0 $π[i] for $π[i] = $2i. In other
words, $π can be composed of a set D = {$π[i]}`−1

i=0 of ` payments, each representing
a ‘1’ bit in the binary representation of $π.

It follows that a payout slate π for any pair of payouts ($p0, $p1) respectively
to P0 and P1 such that $π = $p0 + $p1 can be constructed using this same set
D. Since $p0 ≤ $π, it can be written in binary as a string $p0 = b`−1 b`−2, . . . , b0

(possibly with leading zeros). Thus, letting D0 = {$π[i]}i | bi=1 ⊆ D, we observe that
$p0 =

∑
$d∈D0

$d and $p1 =
∑

$d∈D−D0
$d.

As a result, we can always construct a payout slate π using the set D, and thereby
ensure that π leaks no information about payouts to the two players (apart from $π).

It is possible in general, of course, to round players’ joint input amounts to a
contract up to $2` − 1 for some ` and use the construction we’ve just described. We
show in Appendix B.2, however, how to avoid the extra required monetary flow of
such rounding by building an efficient payout slate with perfect payout privacy for
any desired input amounts. It’s also possible to extend our general approach to more
than two players.
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SIMI-PS protocol (Parties: Alice, Bob, O, and M)

Setup (off chain):

1 : Alice and Bob agree on S, tsetup, treport, and payout slate set ~π = (π0, π1).

2 : Alice (or Bob) sends terms = (S, treport,M) to O.

3 : O sends (terms, σO[terms]) to Alice and Bob.

Execution (on chain, performed by M):

1 : M receives
(
tsetup, treport, ~π, commit(terms)

)
from Alice (or Bob).

2 : M sets payinFailure← false.

3 : M receives $π/2 from Alice and Bob.

4 : If time > tsetup and one player has not paid in $π/2,

5 : M sets payinFailure← true; break

6 : M receives s = switch(x) from O.

Payment (on chain, performed by M):

1 : If payinFailure = true

2 : M refunds paid-in funds.

3 : If report s delivered

4 : M pays against payout slate πs;

5 : Else if time > treport

6 : M refunds paid-in funds.

Figure 5: Protocol sketch of SIMI-PS for binary financial instrument. Here, time
denotes the current time.
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5 Main Construction: SIMI-PPS

We are now ready to introduce our main construction, Simple Mixicle with Private
Payout Slates, or SIMI-PPS.

SIMI-PPS permits players to engage in a sequence of financial-instrument execu-
tions. We refer to each such execution in SIMI-PPS as a round. In a basic version of
SIMI-PPS, players engage in multiple rounds of interaction, i.e., execution of multiple
financial instruments. They withdraw funds, however, only in the last, or terminal
round. We show how SIMI-PPS can enable private payouts in all non-terminal rounds,
i.e., make intermediate state private from both external players and the oracle.

SIMI-PPS also supports switches with more than two outputs in SIMI-PPS, i.e.,
cases where the number of possible oracle reports, which we call the switch cardinality,
is non-binary. In other words, SIMI-PPS allows for switch(x) ∈ Zq for some q > 1.
Since q may vary across Mixicle (and even rounds), SIMI-PPS therefore also keeps the
switch cardinality q private from external players. (We also show how to achieve weak
privacy with respect to the oracle.)

In this section, we first briefly explain our two key ideas in SIMI-PPS: How to make
non-terminal payout slates private (Section 5.1) and how to make switch cardinality
private (Section 5.2). We then give a design overview over SIMI-PPS (Section 5.3)
before giving a detailed account of our construction (Section 5.4). Finally, we discuss
regulatory compliance and auditing (Section 5.5) as well as some further variants
(Section 5.6), and present our prototype implementation including benchmarks (Sec-
tion 5.7).

5.1 Privacy for non-terminal payout slates

In SIMI-PPS, players engage in multiple rounds, each corresponding to the execution
of a financial instrument. We use index j to denote a round and denote by v(j) a
given value v in round j, for j ∈ {1, 2, . . .}.

To make payout slates in non-terminal rounds in SIMI-PPS private, players do not
send these slates explicitly to M. Instead, they commit off chain to what we call
a payout slate set, and denote by ~π(j). This is the set of possible payout slates in a
given round j of the Mixicle.

Specifically, players commit to ~π(j) by signing each payout slate it contains indi-

vidually. That is, defining ~π
(j)
i

∆
= π

(j)
i as the ith possible slate in round j, players sign

each of {π(j)
i }n−1

i=0 (along with their associated round numbers).
The payout slate that emerges as valid from a given round j, which we denote by

π(j), is determined by the oracle report s(j) for the round. That is, π(j) = π
(j)

s(j)
.

Only in the terminal round do players reveal toM the final (signed) payout slate.

This payout slate, π
(j)

s(j)
, we denote also by πterm. Players make withdrawals against

πterm.
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Players can make additional payments into the Mixicle between rounds. (We
discuss partial withdrawals later.)

Alice: $2
Bob: $3

Alice: $3
Bob: $2
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Figure 6: Illustration of Example 1. Mixicle with private payout slates. The table
on the bottom right of the panels for round 1 & 2 shows the private balances of the
players at the end of the round.

Example 1. We convey the basic idea of payout slate privacy through a simple
example in Fig. 6 involving binary financial instruments.

Here, Alice and Bob begin by each paying in $2. Off chain, they execute finan-
cial instrument F (1), with payout slate set ~π(1), which consists of two slates, as the
instrument is a binary one. Bob loses $1 in this round, so Alice and Bob end up
with respective balances $3 and $1. At the end of the execution in Round 1, no
information about balances or payout slates is revealed, i.e., sent to M.

The players then begin a new round. They agree on a new financial instrument
F (2) with payout slate set ~π(2). This instrument requires that Bob pay in $1. After
this instrument is executed in Round 2, Alice loses $1 to Bob, leaving the players
with respective balances $2 and $3.

After F (2) is executed, Alice chooses to terminate the Mixicle. Alice reveals the
terminal payout slate πterm = π

(2)
1 , the currently valid payout slate. The contract M

checks that this slate matches the most recent oracle report s(2), and then permits
the players to withdraw their funds.

As we observe in Example 1, external players and O see only the payouts in
πterm. They observe neither unexercised payout slates nor the intermediate balances
of the two internal players. The result is privacy for intermediate funds much like
that accomplished in, e.g., Zether [19] or in state channels, but without the use of
expensive cryptography. Obviously the idea can be extended to an arbitrary number
of rounds.

If a fault occurs at any time in SIMI-PPS, one player can initiate withdrawals
against the current payout slate. For example, if Bob or O fails to follow through on
the execution of a financial instrument in round j or the setup in round j + 1, Alice
can terminate the Mixicle and make withdrawals against the currently valid payout
slate π(j) = πterm.
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5.2 Private switch cardinality

Given the use of signed payout slates, it is easy to make switch cardinality q private
with respect to external players.

The basic idea here is quite simple. The report s(j) ∈ Zq is an index into ~π(j),
and thus leaks information about q. We therefore now modify the output of O by
replacing s(j) with a random value (bitstring) that we call a tag. Tags, unlike indexed
reports, do not leak information about q.

To give further detail, the players assign to each possible value i ∈ Zq of s(j) a

corresponding tag τ
(j)
i . This tag τ

(j)
i can, for example, be a random9 128-bit bitstring,

i.e., τ
(j)
i

$← {0, 1}128. Tags are used by O in place of indices when sending a report.

That is, instead of sending s(j) = switch(j)(x(j)), O sends the tag τ
(j)

s(j)
.

We give further details in our specification of SIMI-PPS on how tags are used.

Making switch cardinality private with respect to O. The players may further
make the switch cardinality and financial instrument structure private with respect
to O by introducing dummy outcomes. Consider a binary option involving Tesla’s
stock price sp, specifically whether sp ≥ $1000. The players can ask O to report the
stock price rounded down to the nearest $100. They can create and send to O signed
tags associated with each such outcome for sp (say for {$0, $100, . . . , $2000}), but
generate and associate with these outcomes only two distinct payout slates for the
binary option, π0 for sp < $1000 and π1 for sp ≥ $1000. In this way, players can
reveal to O only an upper bound q′ ≥ q on the true switch cardinality q (e.g., q′ = 21
and q = 2 in our short example here).

5.3 Design overview

SIMI-PPS is designed to meet the confidentiality and security goals outlined in Sec-
tion 3. It thus brings together all of the confidentiality techniques we have described,
including privacy for non-terminal payout slates and switch cardinality (as well as
payout slates with perfect payout privacy). SIMI-PPS reveals to external players
only: (1) The amounts paid in by players, which is equal to the total amount $πterm
paid out to players; (2) The number of rounds of execution; (3) The timing of oracle
reports and withdrawals. It reveals to O only these three pieces of information plus
switch(j) for every round j.

SIMI-PPS also achieves robustness to oracle faults as described in Section 3 by
allowing players to withdraw funds when O responses time out and by permitting
players to prove malfeasance by O to third parties such as auditors.

An important operational design goal in SIMI-PPS is to move logic off-chain where
possible, in the same spirit as state channels [30, 32, 66, 70]. To ensure oracle au-

9As a standard optimization, tags may be pseudorandom, i.e., τ
(j)
s = fκ(s, j) for a pseudorandom

function f , where κ is a seed agreed-upon by internal players.
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ditability, however, and to preserve simplicity, SIMI-PPS dispenses with the on-chain
dispute handling mechanisms and off-chain monitoring functionality [69, 61] required
to handle faults and cheating in state-channel schemes. In SIMI-PPS, oracle reports,
which trigger state updates, are sent to the contract M. Hence, unlike a contract
for a state channel, M can autonomously identify and arbitrate current state within
a Mixicle. (For comparison, we briefly discuss a state-channel variant of Mixicle
in Section 5.6.)

Furthermore, we minimize the number of contract calls to save per-call gas over-
heads.

5.4 SIMI-PPS: Construction details

We are now ready to present our construction of SIMI-PPS. We present a two-player
variant, as above. To simplify notation, we leave implicit the inclusion of the round
index and the address of M in signed messages and commitments. Fig. 7 shows a
sketch of the protocol and Fig. 8 shows the protocol state machine implemented by
the Mixicle smart contract.

In each round j of a SIMI-PPS Mixicle, players select and execute a fresh financial
instrument F (j). This instrument consists of

• a switch specification, which we denote by S(j) = (switch(j), X(j)).

• a setup deadline t
(j)
setup. This deadline prevents issues around (un)fair exchange

by forcing the setup to be completed by a certain time.

• an oracle report delivery deadline t
(j)
report.

• a payment slate set ~π(j). (As a reminder, each individual payout, i.e., π
(i)
j [k],

includes a payee pseudonym / address.)

• a ordered set of random tags T (j) = {τ (j)
i }qi=1 associated with the q possible

outcomes for the instrument as described above in Section 5.2. Recall that each
possible outcome corresponds to a switch value s(j) = switch(j)(x(j)) ∈ Zq, and

this value selects the payout slate π(j) = π
(j)

s(j)
that becomes valid for the round,

i.e., is the round’s end state. (The idea of oracle reports selecting payout slates
remains the same as in our warm-up construction SIMI-PS, as shown in Fig. 4.)

Thus F (j) = (S(j), t
(j)
setup, t

(j)
report, ~π

(j), T (j)). A round proceeds in two phases, round
setup and round execution. A final phase of execution, which we call termination and
payment, can be triggered in any given round, as we soon explain.
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Round setup. To initiate a round, the players first agree upon F (j) off chain
and generate a payout slate set enhanced with the tags from T , denoted by ~π

(j)
+τ =

{(π(j)
i , τ

(j)
i )}qi=1. They additionally both sign each element of T (j) and ~π

(j)
+τ ; in a slight

abuse of notation, we let σ[T (j)] and σ[~π
(j)
+τ ] respectively denote these sets of signa-

tures.
The players then send a proposal proposal(j) = (S(j), t

(j)
setup, t

(j)
report, $π

(j), T (j), σ[T (j)])

along with signatures σ[proposal(j)] to O. If O approves of proposal(j), the play-
ers and O agree on terms terms(j) = (S(j), T (j)) and a corresponding commitment
commit(terms(j)) to which all parties know the opening, as well as smart contract

parameters params(j) = (t
(j)
setup, t

(j)
report, $π

(j), commit(terms(j))) with a signature by all
parties σ[params(j)]. Having agreed on all details of the round, one of player sends

params(j) and σ[params(j)] to M prior to the expiry of t
(j)
setup. If M isn’t fully funded

yet (i.e. the balance of M is less than $π(j)), both players can pay in the required

funds until t
(j)
setup expires. Round setup is complete once sufficient funds are present.

Round execution. The completion of a round is triggered by delivery of a report
from O to M.

This report takes the form of a tag τ (j) = τ
(j)

s(j)
representing the output of the

switch s(j) = switch(j)(x(j)) in F (j). Recall use of a tag in lieu of switch output s(j)

makes the switch cardinality q private. O also sends the players’ signature σ[τ (j)] so
that M can confirm the validity of the tag.10 (This prevents a malicious oracle from
mounting a denial-of-service attack using an invalid tag.)

The players hold (off chain) a pair (π(j), τ (j)) with signature σ[(π(j), τ (j))] created
during the round setup. This pair creates a binding between the tag τ (j) and π(j),
validating π(j) as the current state of the Mixicle.

In a non-terminal round, π(j) is not revealed to M, and remains confidential.

Termination and payment. Round j is terminal, if (1) Either player calls the
payout function of M while M isn’t currently awaiting a report from O; (2) A
failure occurs during the setup of round j+1 because the balance ofM doesn’t reach
$π(j+1) before t

(j+1)
setup expires; or (3) O fails to deliver a report before t

(j+1)
report expires.

More complex rules, e.g., with M enforcing termination by some predetermined
round j = rterm are also possible.

Upon invocation of this rule, one player must send (π(j), τ (j)) along with signatures
by both players generated during setup σ[(π(j), τ (j))] to M. M verifies that τ (j)

10As an optimization, we can avoid submitting this signature in the optimistic case as follows:
Tags can be ordered and indexed by increasing value, creating an authenticated dictionary. To prove
to M that it has received an invalid tag τ̃ , then, a player may send M a pair of successive tags,
signed with their indices,

(
(τe, e), (τe+1, e+ 1)

)
, such that τe < τ̃ < τe+1.

As players authenticate tags by signing them, proof of malfeasance by O to an auditor also requires
reference to terms(j), which as noted above, includes tags in SIMI-PPS.
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matches the lates outcome tag reported by O. If so, π(j) = πterm is confirmed as the
terminal slate. M then pays players against payout slate πterm.

Failure modes. The use of digital signatures prevents either player, even in collu-
sion with O, from instantiating an invalid state π(j) in M provided that O provides
a correct report. If O sends an incorrect report, then its misbehavior can be proven
during an audit, as explained in Section 4.1.2.

Players and O can, however, delay or fail to send messages, resulting in unfair
execution or a denial of service. This can happen at any of the following ways. (For
simplicity, we assume that Bob is the offending player.)

• Setup delay: Alice proceeds promptly through the setup (e.g. sending signed
messages and funding M), but Bob stalls, delaying the next step he needs
to perform. Bob thus gains an advantage. He can, for instance, wait to see
whether the financial instrument is developing favorably; if not, he permanently
withholds his signatures.

• Execution delay: O delays delivery of its report or never delivers it. O could
thus, for instance, collude with Bob to defraud Alice if it looks like the current
round will favor her.

Our design for SIMI-PPS here addresses setup delays through the setup deadline
tsetup. If setup isn’t completed by the deadline, both players can withdraw any funds
they added to M during setup and payout for the previous round (if one exists)
is triggered. tsetup can be flexibly chosen depending on the needs of the players,
e.g., based on the urgency of the instrument being set up and the instrument’s time
horizon. More involved mechanism involving, for example, forfeiture of staked funds
could also be implemented.

Execution delays are addressed using the mechanism described in Section 4.1.2
for failure by O to deliver a report.

5.5 Regulatory compliance / auditing

SIMI-PPS, like our warm-up constructions SIMI and SIMI-PS, naturally commits data
on chain in a way that facilitates trustworthy reporting of the behavior of a Mixicle
to a third party T , be it an auditor or regulator.

Commitment to terms enables presentation of a correct, immutable record of theO
input to T , specifically switch. Either player—or O—can decommit terms for T . By
(optionally) including including ~π in terms the presentation of the instrument’s payout
options is similarly possible. Players can prove ownership of the pseudonyms {Pi}n−1

i=0

associated with each payout slate using their private keys (e.g., signing challenges from
T ). Together, switch, ~π, and the identities of pseudonym owners define a Mixicle’s
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SIMI-PPS protocol

Setup (Off chain, Round j):

1 : Alice and Bob agree on financial instrument F (j) = (S(j), t
(j)
setup, t

(j)
report, ~π

(j), T (j)).

2 : Alice and Bob jointly generate ~π
(j)
+τ , σ[~π

(j)
+τ ], and σ[T (j)].

3 : Alice and Bob prepare proposal(j) = (S(j), t
(j)
setup, t

(j)
report, $π

(j), T (j), σ[T (j)]).

4 : Alice and Bob send proposal(j) with signature σ[proposal(j)] to O.

5 : Alice, Bob, and O agree on params(j) := (t
(j)
setup, t

(j)
report, $π

(j), commit(terms(j))).

6 : Alice, Bob, and O jointly generate signatures σ[params(j)].

Execution (On chain, Round j):

1 : Alice sends params(j) and σ[params(j)] to M.

2 : Alice and/or Bob (optionally) pays into M (in round 1 or if $π(j−1) < $π(j)).

3 : O finds s(j) = switch(j)(x(j)) and sends τ
(j)

s(j)
with σ[τ

(j)

s(j)
] to M.

Termination (Round j):

1 : Alice sends a decommitment of πterm = ~π
(j)

s(j)
with σ[~π

(j)

s(j)
, τ

(j)

s(j)
] to M.

2 : M makes (pseudonymous) payouts against payout slate πterm.

Figure 7: Sketch of SIMI-PPS protocol. We assume for simplicity that Alice initiates
communication with M and O. In general, either player could, and pseudonymous
players can decommit πterm.
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balance ≥ $π(j)
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Receive τ
(j)

s(j)
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Process payouts from ~π
(j−1)

s(j−1)

and refund new deposits

payout

Receive πterm

Figure 8: Simplified state machine implemented by SIMI-PPS Mixicle contract. Func-
tion calls act as state transitions. We omit signature and caller identity checks from
the figure, but highlight other conditions that have to be satisfied in order for a tran-
sition to be taken. time and balance represent the current time and contract’s
balance respectively.
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underlying DeFi. Such information can also be revealed selectively: A player can
decommit only what she wants to report to T .

Alternatively, if T is concerned about players being unavailable, terms can be
placed on chain encrypted under the public key pkT of the auditor / regulator, as can
a joint record of ownership of pseudonyms. This way, even if players go offline, the
Mixicle remains completely transparent to T .

One benefit of such encryption is that it can provide conditional anonymity revo-
cation for law enforcement, a notion first proposed decades ago in connection with
pre-Bitcoin anonymous cash [18, 79]. The idea is that a law enforcement entity T can
request, e.g., a warrant granting permission to decrypt the ciphertext. Additionally,
T can be distributed. Specifically, the private key skT can be shared out among a
set of n committee members constituting T such that any k can perform threshold
decryption, as proposed in [44], to offer flexible but abuse-resistant law-enforcement
access. For example, skT might be distributed among three law enforcement agencies
such that any two can decrypt Mixicle data, but no one such agency can in by itself.

Other approaches. Of course, there are many other possible approaches to regu-
latory oversight, e.g., O could require signoff from a regulator or enforce AML / KYC
compliance for players before providing a report to a Mixicle.

Other enhancements are possible too. For example, M can incorporate various
mechanisms for control by a regulator. For example, M might support modification
or termination by regulators for cases of malfeasance by players or to manage systemic
risks, or allow targeted human intervention, as suggested in, e.g., [26, 58].

We leave exploration of these possibilities to future work. We note, though, that in
general, the existence of an audit trail on chain means more robust audit / regulatory
inspection for Mixicles than for existing, legacy financial systems.

5.6 Variants on SIMI-PPS

Our basic protocol for SIMI-PPS can be enriched and modified in a number of ways,
of which we mention a few.

• Merkle-tree-based payout slate set commitments: Players may commit to payout
slates using Merkle trees, instead of signatures. In every round, they com-
pute a Merkle tree of depth ` for 2` ≥ q whose leaves contain committed
pairs {(π(j)

0 , τ
(j)
0 ), (π

(j)
1 , τ

(j)
1 ), . . . , (π

(j)
q−1, τ

(j)
q−1)} in randomly assigned positions.

Let R(j) denote the Merkle root of this tree. To decommit a payout slate, a
player reveals its corresponding leaf and decommitment, along with a path to
R(j) (in the usual manner). External players then learn only that k ≤ 2`, but
do not learn q itself.11

11Our back-of-the-envelope calculation of relative gas costs in Ethereum is as follows. A signature
is currently 3000 gas for the ECRECOVER call, plus about 68 × (32 + 32 + 1) = 4420 gas to pass
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Function Gas Cost
newRound 170599
fund 50011
report/fullfill 30058
payout (5 entries) 243085
payout (10 entries) 416206
payout (20 entries) 759954
refund 27666

Table 2: Gas costs of SIMI-PPS Mixicle prototype smart contract

• Partial withdrawals: SIMI-PPS can support partial withdrawals in non-terminal
rounds. To preserve confidentiality on unwithdrawn funds, this variant would
require fine-grained, authenticated disclosure of payouts, e.g., through signing at
the granularity of individual payouts. Provided that players sign every payout
in {π[k]}nk=1 for every payout slate π, individual payouts can be disclosed on
chain without revealing the remainder of π.

• State channels: Another possible variant of SIMI-PPS involves implementation
as a state channel. Such a variant can be implemented within a generalized
state-channel framework, such as that of Miller et al. [66]. That work shows
how to realize in Ethereum (in the Universal Composibility (UC) framework) an
ideal functionality FState that executes a replicated state machine abstraction.
This state machine can intercommunicate with parties and with an on-chain
smart contract, and the framework is general enough to instantiate O as one of
the parties. While we omit details, it is a straightforward matter to map any
of our Mixicle protocols onto FState.

Apart from its implementation complexity (due in part to its generality), how-
ever, this state-channel approach has the drawback common to all state chan-
nels, a need for off-chain monitoring.

Additionally, the approach is not compatible with existing Chainlink oracle
infrastructure; it is at odds with the on-chain performance enforcement mech-
anisms. It also does not support regulatory compliance, an explicit goal of our
constructions here. These last two limitations could be remedied in principle
with additional features.
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5.7 Implementation

We have implemented a SIMI-PPS Mixicle prototype smart contract for Ethereum in
Solidity using Chainlink’s SDK. Thanks to the intentional simplicity of our protocol,
the contract consists of only 188 lines of code (excluding comments), making it easy
to audit. (We would like to emphasize, however, that this prototype has not been
audited and should not be used in production as is.) Furthermore, the gas cost of
running the contract is moderate even though the contract has not been optimized.
Table 2 gives a detailed breakdown of the gas costs of the prototype. For a realistic
payout slate size of 10, a complete run of a single round of the protocol (2 × fund,
newRound, report, payout) costs a total of 716885 gas. Note that in practice, we
expect players to play several rounds, allowing us to amortize the costs of funding
and payout over multiple rounds; e.g., running five rounds costs 1519513 gas, leading
to a per-round cost of 303903 gas. The implemented contract slightly differs from the
protocol described above in Section 5.4 due to some specifics of Chainlink’s current
architecture:

• Whenever a new round is being set up, the example contract makes a call to
the Chainlink oracle contract to request delivery of data and pays the oracle
in Chainlink’s LINK tokens. Users are expected to have funded the example
contract with an appropriate amount of tokens. (As we mention in Section 3.4,
we have chosen for simplicity to omit payments to oracles from protocol de-
scriptions in this paper.)

• Due to limitations of previous versions of the Ethereum Virtual Machine, Chain-
link currently only allows oracles to deliver a 32 byte response payload. There-
fore, in our prototype the oracle only delivers a tag value, but no player signa-
tures, allowing a malicious oracle to report an invalid tag for which the players
haven’t agreed on a payout slate. We note that this attack is likely not too
relevant in practice, since the oracle can already mount a more powerful attack
by reporting a false outcome.

Code for our example implementation is currently available at https://github.
com/smartcontractkit/mixicles. We note again that this prototype code is meant
to elucidate and test ideas in the paper. It has not been audited and shouldn’t be
deployed in production.

the signature into the contract. To check a level in a Merkle proof is 68 × 32 = 2176 gas, the cost
of passing the hash into the contract, plus (30 + 6 + 6) = 42 gas to compute the parent hash. So a
signature is cheaper in terms of gas for ` > 7.
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6 Extensions and Future Directions

6.1 More complex financial instruments

We have thus far focused on binary options with fixed settlement times, a very basic
financial instrument. The Mixicle framework, however, can support more complex
instruments. Examples include:

• Marking to market: SIMI-PPS naturally supports financial instruments with
marking to market, a term denoting daily settlement of changes in asset value.
Each such daily settlement may be treated as a round. Players can pay into the
instrument or withdraw on a round-by-round basis, as required. Of course, the
Mixicle does not have a built-in mechanism to handle defaults, i.e., players not
paying in as required. This, however, is a general problem for DeFi instruments,
and can be handled, for example, by restricting instrument functionality in
various ways to avoid counterparty risk (see, e.g., [35]). For example, funds
potentially paid in for marketing to market might be capped by the instrument
and then prepaid by a player and held in escrow by the Mixicle.

• Stop orders: A stop order is a trading order that executes when an asset reaches
a target price. It is straightforward in the Mixicle framework to support financial
instruments containing stop orders—or other event-triggered logic. O is simply
required to send a report s when the stop is met (within delay treport).

Perhaps the most common need in practice for Mixicles, though, will be a large
space of possible outcomes.

Many outcomes. During setup of the protocols we discussed so far, players need
to do O(|X|) work, which can be burdensome for large outcome spaces associated
with real-world instruments. Consider the example of a European call option on one
share of GOOGL (currently trading at $1179.21) with a strike price of $1500 and a
premium of $700. To prudently account for large price swings, the players would want
to cover every price at maturity up to, e.g., $10,000. Fig. 9 shows the corresponding
payout diagram. At a tick size of $0.01 typical for NASDAQ, the players would have
to generate and sign close to a million payout slates (1 for “price at maturity is below
$1500.00” and 850,000 to cover every price between $1500.00 and $10,000.00) — a
cumbersome amount of computation.

Fortunately, the payout function of our example instrument as well as those of
most commonly used real-world derivatives are piecewise linear functions of the price
of the underlying asset. In this case, we can reduce the amount of off-chain com-
putation by the players to O(

√
|X|) by pushing a little more work on-chain as we

sketch in the following. For ease of exposition, we briefly return to the setting where
the oracle reports switch values s (like in SIMI-PS) rather than randomly chosen tags
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Figure 9: Payout diagram for a call option with a strike price of $1500 and a premium
of $700.

(like in SIMI-PPS). We also make the simplifying assumption here that switch reveals
x. (In any actual implementation, we would use tags as in SIMI-PPS for privacy.)

Instead of having switch return a single s, we instead have it return a tuple (s1, s2)
that is a base-c representation of the price of the underlying asset x, where c is a
constant base chosen by the players during setup (with the goal of minimizing the
amount of computation the players have to perform). The first element is computed
as s1 := bx/cc, the second element is computed as s2 := x mod c, and hence x =
s1c + s2. For a linear piece12 of our payout function f(x) = ax + b, we thus have
f(x) = as1c + (as2 + b), and we can have our players sign two independent payout
slates for all possible values of s1 and and s2. O will report both s1 and s2 to M,
and during the payout phase the players will submit separate slates for s1 and s2

corresponding to the payouts for as1c and as2 + b.
In the case of our call option, the players might choose a value of c = 10.00,

leading to s1 ∈ {0, 150, 151, . . . , 999} and s2 ∈ {0.00, 0.01, . . . , 9.99}. They would
thus have to sign only 1851 slates (851 slates for 851 possible values of s1 and 1000
slates for 1000 possible values of s2) instead of 850001, greatly reducing the amount
of computation during setup of the instrument.

More generally, this technique can be applied to d-digit representations of x (i.e.
x = s1c

d−1 + s2c
d−2 + · · · + sd) reducing the amount of off-chain computation by

the players to O(d|X|1/d). However, as each increase in d increases the amount of

12More generally, we only require that f be “piecewise composable.” That is, for a fixed c,
f(cs1 + s2) = f1(s1) + f2(s2) for some f1, f2 for any pair (s1, s2). A linear function f(x) = ax + b
has this property, as f(cs1 + s2) = f1(cs1) + f2(s2) for f1(x) = ax and f2(x) = f(x).
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(expensive) on-chain computation thatM needs to perform in the report and payout
phases, we imagine that in practice d ≤ 2 would suffice for almost all use cases. For
better privacy, an actual implementation would use tags as outlined for SIMI-PPS in
Section 5.2. As the extension is straightforward, we don’t describe it here.

6.2 Extension to multiple players.

SIMI-PS can easily be extended to a set of n ≥ 2 players P0, . . . ,Pn−1 that are
content with internal transparency, i.e., don’t require confidentiality. In this case, all
players would need to sign off on the instrument and payout slates to achieve theft-
proofness. In turn, the participation of more players in a Mixicle contract results in
stronger confidentiality against outsiders, since the active parties in any given bet
enjoy privacy within a larger anonymity set.

We are currently exploring ways of achieving internal-player confidentiality within
larger sets. In particular, it is possible to run merged Mixicles, in which multiple
Mixicles execute in tandem. We are also exploring ways that external players can
participate in the mixing operation of a Mixicle using ordinary transactions. Oracle
nodes themselves might provide this kind of confidentiality as a service.

6.3 Tokens and other assets

The Mixicle smart contract is mostly agnostic to the implementation detail of what
asset is being transferred by it. To use standard terms for token operations [87], as
long as the asset offers balance-like functionality for checking ownership and transfer-
like functionality for changing ownership, Mixicles can easily be modified to support
it. A single Mixicle contract could also support multiple asset types simultaneously.

In particular, extending Mixicle to support ERC-20 tokens [87] and various de-
rived token types such as ERC-777 and ERC-1155 tokens [28, 71] is straightforward.
Even non-fungible tokens [34] (NFTs) could be easily supported and useful for, e.g.,
enabling a conditional sale of an NFT for currency with guaranteed delivery.

7 Related Work

Decentralized finance (DeFi). Most closely related to our work here on Mixicles
is the Discreet Log scheme of Dryja [31], a pioneering work in oracle-based DeFi. The
objective of that scheme is to support an oracle-based DeFi contract in Bitcoin that
is indistinguishable from an ordinary Lightning Network transaction. In other words,
the participation of an oracle in contract transactions is meant to be unobservable—as
is the very fact that players are engaging in a contract.

The Discreet Log scheme, however, has somewhat different goals than Mixicles.
It: (1) Presumes an oracle O that publicly broadcasts data off-chain or in the Bitcoin
P2P network; (2) Assumes transactions using Schnorr signatures [74], which Bitcoin
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does not yet support; (3) Doesn’t mix payments, i.e., conceal payments to players; (4)
Aims to be “discreet,” meaning that oracle participation is not visible; (5) Has strict
requirements on users staying online; and (6) Requires settlement of the contract after
each oracle report unless using Lightning channels.

Eskandari et al. [35] describe Velocity, a system initially implemented as an auto-
mated market maker for options contracts between ETH and another desired cryp-
tocurrency, but without any form of confidentality.

Domain specific languages (DSLs) for financial instruments have a long history;
see, e.g., [73] for a list of such DSLs. Inspired by [81] and the composable approach
in [46], are Findel [12] and Marlowe [76], DSLs designed specifically for DeFi deriva-
tives on blockchains, but not aiming at privacy. In a somewhat different but related
vein, Clark et al. [27] proposed a design for decentralized prediction markets, a type
of derivatives market, that has strongly influenced current designs.

Mixnets and mixers (tumblers). Mix networks or mixes (or shuffles) were in-
troduced in a seminal paper by David Chaum [23] in 1981. Mix networks randomly
permute messages to make sender identities private. Chaum’s work on mixes, along
with blind signatures for e-cash [22], which he also introduced, serve as a conceptual
and technical foundation for cryptocurrency mixers.

Cryptocurrency mixers or tumblers, privacy privacy for transactions instead of
messages. A number of such schemes, e.g., Coinjoin, Mixcoin, Tumblebit [14, 40, 60,
84], have been proposed for Bitcoin. A related approach is to integrate confidentiality
features natively into a currency. Zcash [43, 72] provides better privacy than a mixer,
in that its anonymity set is the entire user population (although see caveats in [49]).
Monero [68, 86], a popular cryptocurrency, integrates mix-like functionality in which
users can simulate transactions by other, non-participating users’ to create ad hoc mix
sets; Mimblewimble incorporates the same idea using a very different mechanism [45].

Tumblers may appear easier to implement in Ethereum in principle thanks to
its support for smart contracts. Proposed constructions include MixEth [77], Mix-
imus [8], and Möbius [65]. Apart from their high gas costs, a challenge discussed
in Appendix A, is that fresh receiving addresses cannot anonymous withdraw funds
because they do not have gas to do so. Zether [19] provides transaction privacy of a dif-
ferent sort than a mixer. In its basic form, it provides privacy for transaction amounts,
but it can be extended to providing mixing functionality. Zether permits funds to be
locked to a contract and can in principle be integrated fairly straightforwardly with
Mixicles to make transaction amounts private while preserving auditability. We leave
details for future work.

Our work here on Mixicles is the first to explore the fusion of oracles with con-
cepts from tumblers and to highlight the rich functionality arising from a simple
combination of the two.

Mixicles are not anonymous. They are not designed to conceal monetary flows, nor
are they designed to conceal the identities of participating players as in anonymous
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cash systems, so they don’t require an analog to coin tracing. Mixicles do make private
who received what payouts, creating a need for the equivalent of owner tracing. The
auditability of our Mixicles designs provides this feature, as well as visibility into
Mixicle terms and execution.

Smart-contract confidentiality. As on-chain objects, smart contracts offer trans-
parency, but cannot compute on confidential data. The only way to make smart
contract data or logic privaet is to move some portion of it off chain. Several basic
approaches have been proposed:

• State channels [30, 32, 61, 66, 70] execute transactions or smart contract logic
off chain; they leverage an on-chain smart contract for setup and termination,
and as an arbiter in case of faults. Their main drawback is that because updates
happen off-chain, a monitoring capability (e.g., “Watchtowers” in the Lightning
Network [69], a “Custodian” in Pisa [61], etc.) is needed to ensure against
commitment of stale state on chain. We briefly discuss a state-channel variant
on Mixicles in Section 5.6.

• Arbitrum [48] allows players to execute changes in a virtual machine (with
potentially large state) with private, hashed representation on chain. While
it has the attractive ability to handle very general logic, Arbitrum requires a
system of verifiers to resolve disputes using a challenge-based scheme, and is
in general somewhat complex. (Truebit [82] involves a similar idea for dispute
resolution, but does not offer privacy.)

• Trusted execution environments (TEEs) such as Intel Software Guard eXten-
sions (SGX) (see, e.g., [63] for a recent overview) are a powerful, hardware-based
tool for confidential and integrity-protected application execution. They can be
used to construct high-trust oracles [91], to create knowledge marketplaces on
blockchains [83], and even for wholesale execution of smart contracts [25], of-
fering an inexpensive, high-performance alternative to Mixicle. Some users,
however, may be reluctant to rely on TEEs given recently demonstrated vul-
nerabilities, e.g., [50, 56, 85, 90]—particularly for high-assurance applications.

TEEs might, however, be deployed to support isolated components of Mixicles
run by entities such as oracle operators whom users generally deem trustwor-
thy. For example, a Mixicle might consume Town Crier data from some of the
nodes in O, achieve enhanced mixing (with an audit capability for regulatory
compliance) using a TEE, etc.

• Zero-knowledge proofs can be used to prove off-chain state changes correct
in a privacy-preserving way to an on-chain contract. This is the key idea in
Hawk [52]. While Hawk is a rigorous, general framework, it has several draw-
backs, including high computational cost, on-chain storage requirements, and
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implementation complexity, reliance on a third-party “manager” that has access
to private data, and the need for trusted setup for the zk-SNARK used for each
contract type.

• Secure multiparty computation (MPC) [36] enables computation on private data
that is secret-shared across a committee of nodes. While there are a num-
ber of MPC software packages [5], and some proposals to use it for privacy
in blockchain systems [94, 95], its complexity and computational cost have
meant few practical applications of MPC in its most general form to date (see,
e.g. [13]).13 Specialized forms of MPC, however, e.g., two-player MPC (2PC)
in [93], can be useful in realizing Mixicles.

Mixicles are designed to avoid the cost and complexity of these various approaches
by exploiting the specific structure of basic oracle-driven DeFi instruments, especially
those involving two players.

8 Conclusion

There is very little work to date reasoning about the security and confidentiality prop-
erties of smart contracts combined with oracles. In this initial paper, we’ve introduced
Mixicles as a simple template for such combinations, and a useful springboard for the
creation of a range of confidentiality-preserving DeFi instruments.

Mixicles leave room for a number of interesting avenues of future work, several of
which we’re exploring. Among these are:

• Security proofs: We’ve modeled and analyzed security informally in this work.
Formal modeling and simulation-based proofs of security, as in [91], would be a
useful next step.

• Integration with complementary technologies: Mixicles seem amenable to inte-
gration especially with privacy-enhancing technologies such as Zether [19] and
Deco [93].

• Harmonization with ISDA guidelines and documents: The International Swaps
and Derivatives Association (ISDA) provides standarized documents (e.g., the
ISDA Master Agreement) used in many derivatives transactions today. Guid-
ance is beginning to emerge on how smart contracts may fit into such existing
practices [26, 80], and it is worth exploring how to harmonize Mixicles with it.

• Enhanced mixing: Merged Mixicles, as noted above, and the ability for exter-
nal players to help enhance confidentiality offer possible avenues to achieving

13Indeed, Enigma [4], the company created to realize the MPC protocol of [95], has started
embracing TEEs.
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even stronger confidentiality than our constructions here. We are, for instance,
exploring approaches by which oracle nodes can bolster Mixicle confidentiality.

• Other DeFi instruments: We’ve focused on binary options as a simple use case,
and briefly discussed more complex instruments. We believe that a wide array
of financial instruments can be realized in the Mixicle framework. A systematic
exploration would be helpful.

We look forward to including these ideas and more in later versions of this paper
and/or follow-up work, and welcome corrections and comments from the Chainlink
community as we refine the early work presented here.

Disclaimer

This article is provided “as is” without any representations or warranties, express or
implied. The authors make no representations or warranties in relation to the article
or the information and materials provided within the article. Nothing in this article
constitutes, or is meant to constitute, advice of any kind.

References

[1] NEO white paper. https://docs.neo.org/docs/en-us/basic/whitepaper.

html.

[2] TLSnotary – a mechanism for independently audited https sessions. https:

//tlsnotary.org/TLSNotary.pdf, 10 Sept. 2014.

[3] APMEX live gold price charts & historical data. www.apmex.com, 2019. Refer-
enced 2 Sept. 2019.

[4] Enigma Protocol website. enigma.io, Referenced Sept. 2019.

[5] Theory and practice of multi-party computation workshops: Mpc soft-
ware. http://www.multipartycomputation.com/mpc-software, Referenced
Sept. 2019.

[6] Androulaki, E., Barger, A., Bortnikov, V., Cachin, C., Christidis,
K., De Caro, A., Enyeart, D., Ferris, C., Laventman, G., Manevich,
Y., et al. Hyperledger fabric: a distributed operating system for permissioned
blockchains. In Proceedings of the Thirteenth EuroSys Conference (2018), ACM,
p. 30.

34

https://docs.neo.org/docs/en-us/basic/whitepaper.html
https://docs.neo.org/docs/en-us/basic/whitepaper.html
https://tlsnotary.org/TLSNotary.pdf
https://tlsnotary.org/TLSNotary.pdf
enigma.io
http://www.multipartycomputation.com/mpc-software 


[7] Bank for International Settlements. BIS statistics: Global OTC
derivatives market. https://www.bis.org/statistics/d5_1.pdf, Accessed
Sept. 2019.

[8] barryWhiteHat. Miximus Github repository, 2018. Referenced Sept. 2019.

[9] Bellare, M., Boldyreva, A., Desai, A., and Pointcheval, D. Key-
privacy in public-key encryption. In International Conference on the Theory and
Application of Cryptology and Information Security (2001), Springer, pp. 566–
582.

[10] Bentov, I., Ji, Y., Zhang, F., Li, Y., Zhao, X., Breidenbach, L.,
Daian, P., and Juels, A. Tesseract: Real-time cryptocurrency exchange
using trusted hardware. IACR Cryptology ePrint Archive, Report 2017/1153
(2017).

[11] Bhargavan, K., Delignat-Lavaud, A., Fournet, C., Gollamudi, A.,
Gonthier, G., Kobeissi, N., Kulatova, N., Rastogi, A., Sibut-Pinote,
T., Swamy, N., et al. Formal verification of smart contracts: Short paper. In
ACM Workshop on Programming Languages and Analysis for Security (2016),
pp. 91–96.

[12] Biryukov, A., Khovratovich, D., and Tikhomirov, S. Findel: Secure
derivative contracts for Ethereum. In International Conference on Financial
Cryptography and Data Security (2017), Springer, pp. 453–467.

[13] Bogetoft, P., Christensen, D. L., Damg̊ard, I., Geisler, M., Jakob-
sen, T., Krøigaard, M., Nielsen, J. D., Nielsen, J. B., Nielsen, K.,
Pagter, J., et al. Secure multiparty computation goes live. In Interna-
tional Conference on Financial Cryptography and Data Security (2009), Springer,
pp. 325–343.

[14] Bonneau, J., Narayanan, A., Miller, A., Clark, J., Kroll, J. A., and
Felten, E. W. Mixcoin: Anonymity for bitcoin with accountable mixes. In
International Conference on Financial Cryptography and Data Security (2014),
Springer, pp. 486–504.

[15] Brasser, F., Müller, U., Dmitrienko, A., Kostiainen, K., Capkun,
S., and Sadeghi, A.-R. Software grand exposure:{SGX} cache attacks are
practical. In 11th {USENIX} Workshop on Offensive Technologies ({WOOT}
17) (2017).

[16] Breidenbach, L., Daian, P., Tramèr, F., and Juels, A. Enter the
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[65] Meiklejohn, S., and Mercer, R. Möbius: Trustless tumbling for transaction
privacy. Proceedings on Privacy Enhancing Technologies 2018, 2 (2018), 105–121.

[66] Miller, A., Bentov, I., Kumaresan, R., Cordi, C., and McCorry,
P. Sprites and state channels: Payment networks that go faster than lightning.
arXiv preprint arXiv:1702.05812 (2017).

39

https://bitcointalk.org/index.php?topic=279249.0
https://bitcointalk.org/index.php?topic=279249.0
https://eprint.iacr.org/2017/881
https://eprint.iacr.org/2017/881


[67] Milutinovic, M., He, W., Wu, H., and Kanwal, M. Proof of luck: An
efficient blockchain consensus protocol. In proceedings of the 1st Workshop on
System Software for Trusted Execution (2016), ACM, p. 2.

[68] Noether, S., Mackenzie, A., et al. Ring confidential transactions. Ledger
1 (2016), 1–18.

[69] Osuntokun, O. Hardening lightning. https://cyber.stanford.edu/sites/
default/files/hardening_lightning_updated.pdf., February 2018.

[70] Poon, J., and Dryja, T. The bitcoin lightning network: Scalable off-chain
instant payments, 2016.

[71] Radomski, W., Cooke, A., Castonguay, P., Therien, J., Binet, E.,
and Sandford, R. EIP 1155: ERC-1155 multi token standard. https://

eips.ethereum.org/EIPS/eip-1155, 2018.

[72] Sasson, E. B., Chiesa, A., Garman, C., Green, M., Miers, I., Tromer,
E., and Virza, M. Zerocash: Decentralized anonymous payments from bitcoin.
In 2014 IEEE Symposium on Security and Privacy (2014), IEEE, pp. 459–474.

[73] Schiller, T. Financial DSL listing. http://www.dslfin.org/resources.

html, 2013.

[74] Schnorr, C.-P. Efficient signature generation by smart cards. Journal of
cryptology 4, 3 (1991), 161–174.

[75] Securities Industry and Financial Markets Association (SIFMA).
2019 outlook: Trends in the capital markets. https://www.sifma.org/

wp-content/uploads/2018/12/2019-Outlook-FINAL.pdf, 2018.

[76] Seijas, P. L., and Thompson, S. Marlowe: Financial contracts on blockchain.
In International Symposium on Leveraging Applications of Formal Methods
(2018), Springer, pp. 356–375.

[77] Seres, I. A., Nagy, D. A., Buckland, C., and Burcsi, P. Mixeth:
efficient, trustless coin mixing service for ethereum. IACR Cryptology ePrint
Archive, Report 2019/341 (2019).

[78] Shlomovits, O., and Seres, I. A. Sharelock: Mixing for cryptocurrencies
from multiparty ECDSA. Cryptology ePrint Archive, Report 2019/563, 2019.
https://eprint.iacr.org/2019/563.

[79] Stadler, M., Piveteau, J.-M., and Camenisch, J. Fair blind signatures.
In International Conference on the Theory and Applications of Cryptographic
Techniques (1995), Springer, pp. 209–219.

40

https://cyber.stanford.edu/sites/default/files/hardening_lightning_updated.pdf.
https://cyber.stanford.edu/sites/default/files/hardening_lightning_updated.pdf.
https://eips.ethereum.org/EIPS/eip-1155
https://eips.ethereum.org/EIPS/eip-1155
http://www.dslfin.org/resources.html
http://www.dslfin.org/resources.html
https://www.sifma.org/wp-content/uploads/2018/12/2019-Outlook-FINAL.pdf
https://www.sifma.org/wp-content/uploads/2018/12/2019-Outlook-FINAL.pdf
https://eprint.iacr.org/2019/563


[80] Swaps, I., and (IDSA), D. A. Legal guidelines for smart derivatives contracts:
Introduction, Jan. 2019.

[81] Szabo, N. A formal language for analyzing contracts. Satoshi Nakamoto Insti-
tute (2002).

[82] Teutsch, J., and Reitwießner, C. A scalable verification solution for
blockchains. URL: https://people. cs. uchicago. edu/teutsch/papers/truebit pdf
(2017).

[83] Tramer, F., Zhang, F., Lin, H., Hubaux, J.-P., Juels, A., and Shi, E.
Sealed-glass proofs: Using transparent enclaves to prove and sell knowledge. In
2017 IEEE European Symposium on Security and Privacy (EuroS&P) (2017),
IEEE, pp. 19–34.

[84] Tran, M., Luu, L., Kang, M. S., Bentov, I., and Saxena, P. Obscuro:
A bitcoin mixer using trusted execution environments. In Proceedings of the 34th
Annual Computer Security Applications Conference (2018), ACM, pp. 692–701.

[85] Van Bulck, J., Minkin, M., Weisse, O., Genkin, D., Kasikci, B.,
Piessens, F., Silberstein, M., Wenisch, T. F., Yarom, Y., and
Strackx, R. Foreshadow: Extracting the keys to the Intel SGX kingdom with
transient out-of-order execution. In 27th USENIX Security Symposium (USENIX
Security 18) (2018), pp. 991–1008.

[86] Van Saberhagen, N. CryptoNote v 2.0. https://bytecoin.org/old/

whitepaper.pdf, 2013.

[87] Vogelsteller, F., and Buterin, V. EIP 20: ERC-20 token standard.
https://eips.ethereum.org/EIPS/eip-20, 2015.

[88] Wikipedia. Gold reserve — Wikipedia, the free encyclopedia. https://en.

wikipedia.org/wiki/Gold_reserve, 2019. Accessed Sept. 2019.

[89] Wood, G., et al. Ethereum: A secure decentralised generalised transaction
ledger. Ethereum project yellow paper 151, 2014 (2014), 1–32.

[90] Xu, Y., Cui, W., and Peinado, M. Controlled-channel attacks: Determinis-
tic side channels for untrusted operating systems. In 2015 IEEE Symposium on
Security and Privacy (2015), IEEE, pp. 640–656.

[91] Zhang, F., Cecchetti, E., Croman, K., Juels, A., and Shi, E. Town
Crier: An authenticated data feed for smart contracts. In Proceedings of the 2016
ACM SIGSAC conference on computer and communications security (2016),
ACM, pp. 270–282.

41

https://bytecoin.org/old/whitepaper.pdf
https://bytecoin.org/old/whitepaper.pdf
https://eips.ethereum.org/EIPS/eip-20
https://en.wikipedia.org/wiki/Gold_reserve
https://en.wikipedia.org/wiki/Gold_reserve


[92] Zhang, F., Eyal, I., Escriva, R., Juels, A., and Van Renesse, R. REM:
Resource-efficient mining for blockchains. In 26th USENIX Security Symposium
(USENIX Security 17) (2017), pp. 1427–1444.

[93] Zhang, F., Maram, S. K. D., Malvai, J., Goldfeder, S., and Juels,
A. Deco: Liberating web data using decentralized oracles for TLS, 2019. In
submission.

[94] Zyskind, G., Nathan, O., and Pentland, A. Decentralizing privacy: Using
blockchain to protect personal data. In IEEE Symposium on Security and Privacy
Workshops (2015), pp. 180–184.

[95] Zyskind, G., Nathan, O., and Pentland, A. Enigma: Decentralized com-
putation platform with guaranteed privacy. arXiv preprint arXiv:1506.03471
(2015).

42



A Withdrawal Confidentiality in Ethereum

In Ethereum and related systems, all of our Mixicle constructions incur a subtle com-
plication commonly connected with Ethereum tumblers, e.g., [77]. The problem is
that if output addresses are to make withdrawals directly, they must be pre-funded
in order to pay associated gas costs. Pre-funding undermines transaction-graph con-
fidentiality; e.g., if Alice sends funds to P0 for gas, then P0 is linkable to Alice.

Several remedies are possible for Mixicles:

1. Have O’s transaction trigger transfer of funds to output accounts.

2. M can refund and reward arbitrary players for pushing messages signed by
Alice or Bob to it. This approach is commonly referred to as executable signed
actions or meta-transactions [38]. The format for the messages to be relayed
to the smart contract has been standardized in EIP 1077 [29].

3. Have one of Alice or Bob, pre-selected uniformly at random, initiate disburse-
ment of funds; to incentivize compliance, ensure that the payout slates uncon-
ditionally include funds for both players.

4. Use the not-yet-implemented PAYGAS opcode in Ethereum EIP86 [20] so that
M can pay the gas cost of the transaction.

5. Pre-funding output accounts in a privacy-preserving way.

At the time of writing, (1), (2), and (3) are the only practical options.

B Advanced Options

B.1 Addressing timing side-channels

Our constructions make oracle queries private with respect to external observers.
They can, however, leak data through a timing side channel. In other words, the
timing of operations in a Mixicle can leak information, even if details of Mixicle are
not explicitly revealed.14

If O sends switch(x) toM immediately upon determining its value, then external
observers learn the time at which x itself was determined. For example, if Alice and
Bob are betting on the outcome of the women’s 100m sprint at the 2024 Olympics, and
M receives data from O as the winner crosses the finish line, external observers would
obtain evidence that this particular Olympic event was the basis for the financial
instrument.

14Timing side channels were introduced in [51]. For an instructive overview of web-application
side-channel vulnerabilities, including timing, see [24].
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Even the timeout treport on O reports leaks some information about switch. For
example, if treport preceeds the time of the women’s 100m sprint at the 2024 Olympics,
then that event can be ruled out as the object of switch.

We propose a couple of ways of addressing timing side channels in Mixicles:

1. Predetermined, randomized delay. A (randomized) delay ∆ can be imposed on
the oracle’s transmission of switch(x), i.e., the report is delivered at time ∆ after
it becomes available. This delay ∆ should be reflected in terms to make oracle
compliance auditable.

Of course, a delay in the delivery of switch(x) also delays the ability of the players
to Mixicle to withdraw their funds. Immediate withdrawal on the resolution of
switch, however, would itself leak the same timing information as immediate
oracle input. Another drawback of imposing a predetermined delay ∆ is its
flexibility: Players cannot change it should it later prove undesirable.

2. Switch authorizations. A more flexible approach is to use what we call switch au-
thorizations. A switch authorization is a signed report Σ = (switch(x), σO[switch(x)])
that M consumes in lieu of direct input from O.

To ensure that which Mixicle the switch authorization Σ corresponds to is pri-
vate, Σ can be: (1) Delivered to a pool, e.g., a shared contract S, to which
switch authorizations of multiple Mixicles are sent; and (2) Encrypted under
the keys of the players to the Mixicle using a cipher with key privacy (e.g.,
El Gamal) [9]; i.e., the ciphertext should not reveal the associated public key,
thereby compromising the privacy of the receiver. S may be thought of loosely
here as a form of (asynchronous) mixer for Mixicle inputs.

Of course, the plaintext Σ must be delivered to M by one of the participating
players. Only a player that receives funds is incentivized to perform this delivery,
so the confidentiality concerns discussed in Appendix A must be addressed.

Other approaches are also possible, e.g., an “optimistic” one in which the default
is off-chain delivery of Σ. If delivery has not occurred off-chain by the timeout
treport, then a player can post an encrypted request to S requesting delivery, i.e.,
requiring on-chain compliance with terms. Failure by O is then an auditable
event, as the encrypted request and O’s signature on terms can be shown to
an auditor. Note that in the optimistic case here, the deadline treport is never
revealed.

B.2 Efficient payout slates with perfect payout privacy

Recall that an observer—either an external player or O—can see the total amount of
money $π disbursed in a payout slate π as well as (upon settlement) the individual
payouts {π[i] = (Pi, $pi)}. We showed in Section 4.2 how to structure the payouts in
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π to confer privacy on the amounts paid to individual players. Our technique there,
however, assumed $π = $2` − 1 for some positive integer `.

We now show how to accomplish perfect payout privacy for general $π. As with
out construction above, we assume $1 granularity, and achieve n = dlog $πe.

More formally, we want a multiset D = {$di}ni=1, such that

$π =
n∑
i=1

$di

and
∀$a ∈ [$π] .∃I ⊆ [n].$a =

∑
i∈I

$di

i.e., D is a multiset of “denominations” that should sum to the total $π to be disbursed
by the contract while also allowing us to pay out any amount up to that total to one
player (by giving her all slate items in I) and giving the remainder to the other player
(by giving her all slate items in Ī).

We can reformulate the second condition to an equivalent one,

∀$a ∈
[⌊

$π

2

⌋]
.∃I ⊆ [n].$a =

∑
i∈I

$di

since any amount $a >
⌊

$π
2

⌋
can be assembled by looking at the complement index

set Ī of $π − $a.
This leads to a recursive formula for finding D$π for any $π,

D$π =

{
{1} for $π = 1

Db$π/2c ∪ {$π − b$π/2c} for $π > 1
,

which can be proved to satisfy our two criteria by straightforward induction. Notably,
the number of elements |D$π| is in O(log $π), allowing us to construct efficient slates
even for large values of $π. For example, for $π = 1, 000, 000, we end up with a slate
with only 20 elements:

D106 = {1, 2, 4, 8, 15, 31, 61, 122, 244, 488, 977, 1953, 3906,

7813, 15625, 31250, 62500, 125000, 250000, 500000}

C Trusted Execution Environments (TEEs)

If Alice and Bob are willing to trust a trusted execution environment (TEE) such as
Intel SGX to enforce correctness and confidentiality, it is easy and simple to construct
a powerful Mixicle. Indeed, TEEs have been proposed for a number of blockchain
protocols; see, e.g., [10, 25, 47, 55, 67, 91, 92].
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Consider the following example, with SIMI modified so that O runs in a TEE
(enclave). Alice and Bob send input funds to M. They send P0 and P1, along with
a specification of switch, to O. O then evaluates switch(x) off chain, and directs M
to send input funds to Pswitch(x). An outside observer only sees O direct funds to a
fresh, random address—nothing more.

Alternatively, O could just take Alice and Bob’s funds in custody on chain and
executeM entirely off chain, subsequently routing funds to the right player on chain.
In this case, O is implementing a private contract.

In both cases, realizing O as a TEE ensures the same confidentiality and integrity
properties as SIMI, plus privacy for switch (although the operator of O could see which
servers O interacts with). The first variant could be implemented using Chainlink
/ IC3’s Town Crier system [91]. The second, private contract variant is a clear use
case for Ekiden [25], which could execute the contract entirely off-chain in a trusted
manner.

Trusted hardware is imperfect, of course. Serious attacks against SGX have
come to light involving controlled channels, shared cache, and speculative execution,
e.g., [15, 50, 56, 85, 90]. Some users may therefore feel uncomfortable using TEEs. It
is for this reason that we designed Mixicles without a reliance on TEEs.

An interesting direction to consider is use of TEEs for correctness, but not confi-
dentiality, as in the Sealed-Glass Proof model of [83].
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